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Abstract

As Neural Networks become more capable of solving ever-increasing challenging problems,
they are bound to be more energy-consuming in the future. Therefore it is essential to de-
velop techniques to conserve energy usage of these networks to balance their environmental
impact. In this project, we study multiple techniques to reduce the energy consumption
while evaluation of Neural Networks without significantly reducing the accuracy of the
network. We found Cascading Neural Networks to be particularly interesting as they offer
the ability to reduce the energy consumption with no significant difference in the accuracy
of the predictions and without using any specialised hardware.

To improve these Cascading Neural Networks, we show that using semantic data such
as Colour, Edges, Texture and Corners from the input images and systematic techniques
such as PCA and LDA reduce the dimensions of the input space. This reduced complex-
ity in input allowed us to create simpler classifiers which are more energy-efficient. We
further generate an algorithm to arrange these simple classifiers such that they can be
energy-efficient without taking a toll on the accuracy of the overall system. We were able
to achieve a 13% reduction in energy consumption over the Scalable effort classifiers algo-
rithm and 35% reduction when compared to Keras CNN for Cifar10.

Finally, we also reduced the energy consumption of the established neural network;
which is used as the last stage in the cascading technique. We used Bayesian optimisation
with adjustable parameters and minimal assumptions to search for the best model under
the given energy constraint. We show that by employing the above technique, significant
energy saving (29% and 34% for MNIST and Cifar10 datasets) can be achieved which
would ultimately contribute to making energy consumption in the Neural Networks more
sustainable.
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Chapter 1

Introduction

1.1 Motivation

Machine learning is an evolving branch of computational algorithms that are designed to
emulate human intelligence by learning from the surrounding environment [25]. With the
advancement of computing capabilities and access to volumes of data, machine learning
models are becoming extremely popular [26]. To demonstrate the popularity and impact
of this new technique in a person’s life, here is a list of everyday services that uses machine
learning algorithms: Email Spam Filters[27], Netflix and Amazon recommendations [28],
Number plate recognition [29], Face Recognition [30], Anti-virus software [31]. Many of
these models, in particular, Neural Networks are computationally intensive and are often
found in large-scale data centres around the world. Data centres are viewed as particularly
inhibiting towards climate goals [32]. According to the IT trade association TechUK, a
large data centre can consume around 30GWh (Gigawatt hours) of power per year, enough
to run 10,000 UK households [33]. Climate change targets necessitate reduction of energy
consumption in all aspects, including the IT industry. It is also found that without dramatic
increases in efficiency, the ICT industry could use 20% of all electricity and emit up to
5.5% of the world’s carbon emissions by 2025 [34].

Figure 1.1: Expected energy consumption by data-centres in future [1]
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Figure 1.1 shows the expected exponential growth of energy consumption in the data
centres along the coming years. As we can observe, the energy usage is expected to increase
multiple-folds in upcoming years. There is a clear emphasis on the need and opportunity
for energy-efficiency over the coming years to make computing greener and cost-effective.

Further, these computationally intensive machine learning models have taken a toll
on battery-powered devices. For example, smartphones nowadays cannot even run object
classification with AlexNet (a 2012 convolutional neural network) in real-time for more
than an hour [35]. Hence, energy consumption has become the primary issue of bridging
machine learning models such as Neural Networks into practical applications.

Out of all machine learning algorithms, CNNs (Convolutional Neural Networks) es-
pecially have a high cost of energy consumption [36]. These Neural Networks have been
successfully applied to various applications from image and video classification to speech
recognition. Therefore, it is highly desirable to design frameworks and algorithms that are
both accurate and energy-efficient. For the propose of this project, we would be focusing
on image classification using these CNNs.

One such set of techniques reduces the energy of a given Neural Network by discrim-
inating between given inputs. All inputs are not equal; for example, as shown in Figure
1.2, compressing a picture that has a man with a blue sky should take less effort than one
that has a busy street. Ideally, to improve both speed and energy-efficiency, algorithms
should spend resources (computational time and energy) that is proportional to the diffi-
culty of the inputs. Unfortunately, for most applications, discriminating easy inputs from
hard ones at run-time is challenging. Thus, hardware or software implementations tend to
spend computational effort as determined by worst-case inputs [12]. To address this issue,
we need to create software techniques/libraries which can dynamically discriminate on the
computational needs of input to get the required output.

(a) Image 1 (b) Image 2

Figure 1.2: Images with different computation complexity, (a) is less computationally
intensive to compress as compared to (b) [2], [3]

We look to improve the current algorithms which discriminate between given inputs by
creating multiple models. These are known by different names by different popular imple-
mentations, Scalable effort Cascading Classifiers [12], conditional deep learning classifier
[13], cascading neural network [37], etc. We chose this approach as it offers clear advan-
tages over other methods. Firstly, it has very few assumptions on the underline models
making it applicable to a potentially wide range of inputs types and model architectures.
It doesn’t require any specific hardware requirement making it easy to evaluate and use in
real-world circumstances. Finally, it doesn’t have a clear trade-off between accuracy and
energy, making it possible to reduce energy consumption without impacting accuracy.

8



1.2 Objectives

1. Environment to measure the energy of Neural-Networks: The first objective
of the project is to develop a reliable environment where Neural Network models
can be executed and compared on different parameters such as energy consumption,
accuracy, etc. We need to ensure that this environment allows a wide range of models
with different data-sets to be executed. Steps also need to be taken to ensure that
there is minimum interference from other applications and physical factors to provide
reliable and accurate readings.

2. Compare state of the art energy-efficient Neural Networks: We need to
examine the current software techniques to develop and design energy-efficient Neural
Networks. Moreover, we hope to measure the effectiveness of some popular techniques
and compare the results using the above environment.

3. Develop and improve new techniques to design energy-efficient models: A
successful project would be able to evaluate the state of the art techniques available
and extend it further to create an original method which outperforms current tech-
niques. We should be able to then critically state both the advantages and drawbacks
of this new technique along with the conditions required for it to be most effective.

4. A Tool to generate and evaluate energy-efficient models: Finally, we aim to
develop a tool or a script for developers to apply these techniques and generate an
energy-efficient Neural Network. This tool should further be able to evaluate a given
model on the basis of its energy consumption.

1.3 Contributions

1. Energy-efficient partial classification models with lower-dimensional input
data: We looked at different techniques to extract information from image data
set with the primary goal of reducing the input complexity. We achieved this by
extracting a wide range of semantic data such as colours, texture, edges, corners
and using linear transformation techniques such as PCA and LDA. By reducing
input complexity, we were able to reduce the model complexity making them energy-
efficient. We explain this further in Section 4.1.

2. Novel algorithm to arrange partial classification models: We proposed an
algorithm to select the appropriate partial classification models based on their results
and arrange them to maximise the energy savings. We also attach a Final model that
aims to accurately classify the images in case these partial classification models fail.
We discuss this in Section 4.2.

3. Energy constrained Bayesian optimisation for Final model: To reduce and
constrained energy consumption of this high-accuracy Final model, we have proposed
an algorithm to perform energy-constrained Bayesian optimisation. This algorithm
explores a large variety of models within given constraints to produce the model with
the highest accuracy. We explain this further in Section 2.7.

4. Script to generate and evaluate energy-efficient models: We have exposed the
code in the form of Python scripts which enable users to extract and train energy-
efficient partial classification models, use the proposed algorithm to arrange these
models and finally to produce Final model using energy-constrained Bayesian opti-
misation. We state how to use the script in Appendix A.

9



Chapter 2

Background

This chapter would cover the background research and material essential to develop this
project. This part of the report will include different machine learning models in Section
2.1, the relationship between power and energy consumed in Section 2.2, tools to measure
the energy consumption of models in Section 2.3. Further, we would be looking at some
of the data-sets used in Section 2.4 and the state of the art research in this field in Section
2.5. Finally, we would gain some insight into the background of the techniques used in this
project in Section 2.6 and Section 2.7.

2.1 Machine Learning Models

Machine learning is a vast field with many models and techniques. However, in this section,
we will only focus on the models we have used in this project. We will be concise about
the commonly known properties and would focus on the details which are lesser-known or
vital to the project.

2.1.1 Deep Neural Networks

Deep Neural Networks (DNN) currently form the foundation of much artificial intelligence
(AI) applications [38] ranging from data compression, self-driving cars, speech and image
recognition [39]. DNNs can extract high-level features from raw data and have an adequate
representation of input space. Then it can recognise those high-level patterns and create
rules based on them. This approach is much easier than earlier strategies where experts
from the field used to design these rules manually.

Figure 2.1: Connections to a neuron in the brain [4]
.
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DNNs also referred to as deep learning, are a part of the broad field of AI, which is
a science of creating the ability to achieve goals as humans do. They also fall into the
category of brain-inspired computation, as the neurons present in our brain-inspired the
basic structure of DNNs (Neurons). The neurons in the brain are interconnected via den-
drites (entering element) and axon (leaving element). Further, each neuron performs the
computation based on the input-signal (activation) and give the resulting output which is
scaled based on weights (by the synapse) before passing it to the next neuron as shown in
Figure 2.1. In a way, the brain learns by changing these weights between neurons and thus
controlling the level of activation on a given stimulus.

Figure 2.1 also shows that the sums of the weighted activation are not added and passed
as output, as this would lead to being a simple algebra operation; but instead, the result is
passed to a function (called activation function) which could be linear or non-linear. Then
the result of this function is passed as output.

Figure 2.2: Structure of Neural Networks [4]

Neurons are often present in layers. The neurons in the input layer receive some values
which are propagated further to hidden layers until finally it reaches to output layer where
the result is determined. Figure 2.2 (a) shows the structure of a primary Neural Network
with one hidden layer. The computation done by each neuron is shown in Figure 2.2 (b)
as is given by the formulae yj = f(

∑n
i=1Wij ∗ xi + b), where Wij , xi and yj are weights,

input activations and output activations, f(·) is a non-linear function, respectively. Usu-
ally, Neural Networks have more than three layers, typically ranging from 5 to more than
a thousand layers [5].

So to learn to perform a given task by DNNs involve learning the value of weights in the
network, this task is referred to as training. The goal at this stage is to influence the weight
that maximises the score (the output activation) of the correct class while minimising the
score of the wrong classes. The difference is referred to as loss (L). Thus to reduce this
loss, the weights are updated by a process called gradient descent given by the formulae
wt+1
ij = wt

ij + α ∗ ∂L
∂wij

, where α is the learning rate. In this process, the weights are
updated after every batch (a group of inputs) by this formulae until we reach a stage with
a sufficiently low error rate. There are multiple ways to train weights; for this project, we
would be focusing on supervised learning where the training samples are already labelled.
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Figure 2.3: Type of Neural Networks [4]

Further, we can divide Neural Networks into two major types, feed-forward and recur-
rent, based on the topology of the network. In Feed-forward network, all the computation
is performed as a sequence of operations of the output of the previous layer. In such a
network, it has no memory of the previous input, and the output remains the same irre-
spective of the sequence of input. On the other hand, they have internal memory to which
store data from previous input for later inputs. In this project, we would be focusing on
feed-forward networks as they rely on simple weights, which also are a large part of the
recurrent network.

Figure 2.3 shows the two type of networks explained above. It also illustrates of
two types of layers present in DNNs, fully-connected and sparsely-connected. A Fully-
connected layer has connections from all the neurons and require a significant amount of
storage and computation [5]. However, some applications only require in formations from
a small number of neurons; in such cases, we can use a sparely connected layer to save
computation.

2.1.2 Convolutional Neural Networks

Figure 2.4: Structure of Convolutional Neural Networks [5]
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Convolutional Neural Networks (CNN) are top-rated Neural Networks, especially for image
recognition. CNNs comprises multiple convolutional layers, as shown in Fig. 2.4. Each of
these layers contains learn-able filters which slide across the width and height of the input
collecting data at every spatial position. The underlying assumption is that in a picture,
the pixels nearby are correlated to each other. Intuitively, the network will learn filters
that activate when they see some visual feature, such as an edge on the first layer [40]. As
the layers increase, these filters will capture more and more complex features of the image,
such as faces.

After these sparsely-connected connected layers, the CNNs often contain a few fully
connected layers. These layers are identical to standard DNN layers; the primary purpose
of these layers is to match the features extracted by the convolutional layers to the output
classes present. Often, CNNs also have optional pooling layers; these are to reduce the
dimensionality of a feature map to make them more efficient. Pooling combines a set of
values in its receptive field into a smaller number, thus reducing the overall dimension of
the layer. Finally, sometimes the architectures also use normalisation layers to improve
accuracy and speed. In these, the distribution of the layer input activations is normalised
such that it has a zero mean and a unit standard deviation.

We define the accuracy of a model (or a network) as the percentage of correct test
samples classified when compared to the true target values.

2.1.3 Support Vector Machine

Support Vector Machine (SVM) is another kind of popular machine learning model used
for both classification and regression. It represents the training data as data points on a
plane (or space in case of more than 2 dimensions), which are divided by a hyper-plane
into different categories. As Figure 2.5 explains, these hyper-planes are made as far as
possible from the nearest data point to attain the best theoretical accuracy.

Figure 2.5: Example of Support Vector Machine Classification [6]

Often, the data is not linearly separable, and we need to use higher-dimensional kernel
functions to find the more complex hyper-plane for our training data. Some examples of
these higher dimensional kernels can include using polynomials and Gaussian basis func-
tions [41]. After this training phase, the new inputs are classified by this hyper-plane to
there respective classes.
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The regression problem can also be solved similarly. In that case, we take a subset of
training data and generate a hyper-plane with the best fit (minimum distance) from the
given data. This hyper-plane is now extended to provide predictions on given test data.
Figure 2.6 shows an example of a simple regression of equation of a straight line with given
sample training data.

Figure 2.6: Example of Support Vector Machine Regression [7]

Advantages of using SVM include kernel trick: with an appropriate kernel function,
we can solve any complex problem [42]. It scales relatively well to high dimensional data.
Finally, memory efficient as it may use only a subset of training points to compute decision
function. On the other hand, the main disadvantage is that it is often hard to choose a
kernel model suitable for a given problem, they do not provide probabilistic estimates for
classification problem, and difficulty in optimising regularisation and kernel function to
avoid over-fitting.

2.2 Relationship between power and energy

Often power and energy are used interchangeably; however, power is defined as the rate
of doing work, measured in Watts [43]. This can be precisely be given with the following
formulae below.

energy = power ∗ time

Energy (joules) is the product of power (watts) and time (seconds).
For a given program, we can also calculate the average total energy consumed by the

program by the given formulae.

E = IC ∗ CPI ∗ EPC

The total energy of a program (multicycle computer model) is the multiplication of the
number of instructions (IC), the average number of clock cycles per instruction (CPI), and
Energy per cycle (EPC). The key is that CPI is different for the types of instructions;
thus, certain instructions need more CPI than others. For example, ALU instruction has
a lesser CPI than load instruction. A way to optimise a program to consume less energy
and to take less time is to reduce the average CPI of the program instructions [26].

Within this report, we have used energy, power and average power interchangeably.
The goal of the project is to reduce the overall energy consumed by the algorithms.
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2.3 Tools for energy Measurement

The above approach can be a good starting point to measure energy consumption; however,
for convenience and better accuracy using energy measurement tools would be ideal for
our purpose.

2.3.1 PowerKap

A previous Imperial student developed this tool as his final year project [8]. The main
Idea of PowerKap is to build a profiling mechanism external to the application/program
running. This approach has numerous advantages being that PowerKap does not interfere
with the security features of the application. Moreover, this makes it compatible with a
large number of applications without any modification required in the application code
itself.

PowerKap works by sampling counters during the execution of a program at regular
intervals. The user program annotates the points of interest and marks them by print-
ing timestamps during execution. This process is repeated multiple times to solidify the
gathered measurement further. PowerKap also explicitly controls the execution of the child
program, giving it the added benefit of greater time-control. This control allows PowerKap
to be aware of the times the child program is active, leading to more effective and accurate
results [8]. The structure of PowerKap is given in Figure 2.7.

Figure 2.7: A simple overview of PowerKap [8]

Another main advantage of using PowerKap could be its ability to gather data from
various sources and interfaces available in the user-space. This includes energy consumption
from CPU and RAM in the form of RAPL interface, DiskIO and Networking. Although for
our project, CPU and Ram energy consumption would be likely most relevant, factoring
in other information could be useful for further extensions.
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RAPL (Running Average Power Limits) Interface

On Intel platforms, energy counters are accessible whiten the CPU directly. This is pro-
vided in the RAPL interface which is specific to certain areas (refereed as domain) of the
computer.

1. Package The first domain available is package and is generally for supporting mul-
tiple CPUs. The statistics generated in this layer are specific to the CPU package
as a whole. The measurements are taken place every millisecond; however, this can
vary depending on the load on the CPU loads [8].

2. Core (PP0) This refer to the CPU core with L1 and L2 cache within a package. The
stats are generated based on the energy counter, which is updated every millisecond
[8].

3. Uncore (PP1) This interface is identical to the Core interface above and is generally
present in the consumer devices. The Uncore is generally referred to a portion of the
chip outside Core such as L3 cache rings, Integrated GPU and memory controller.

4. DRAM Intel offer additional capability (Generally on Server and Certain architec-
ture) to capture energy consumption of the memory controller.

The PowerKap tool outputs the CPU and RAM energy consumption in the form of
RAPL interface. It’s quite helpful as this is an open-source and popular standard.

2.3.2 Intel Power Gadget

Figure 2.8: A sample GUI result of PowerGadget tool

Intel Power Gadget is a software-based energy usage monitoring tool for Intel processors
(from 2nd Generation up to 7th Generation). This includes an application driver, and
libraries to monitor and estimate real-time processor power information in watts. This
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information is calculated using the energy-counters in the processor. The motivation for
the tool was to assist end-users, Independent Software Vendor (ISV)s, developers, and
others interested in a more precise estimation of power from a software level without any
H/W instrumentation [44]. The following Figure 2.8 shows the GUI of the tool. The results
can also be logged in a file for in-depth analysis.

2.3.3 s-tui and psutil

psutil

psutil (python system and process utilities) is a cross-platform library for retrieving in-
formation on running processes and system utilisation (CPU, memory, disks, network,
sensors) in Python [45]. It is useful mainly for system monitoring, profiling, limiting pro-
cess resources and the management of running processes [45].

It provides the functionality to get the current status of CPU, Memory, Disk, Network
and external sensors along with platform-specific information about each. This helps track
the user important information such as in the case of CPU, it helps track the physical cores
usage, cpu_frequency, etc. information which could be useful to understand the underline
energy usage.

s-til

s-tui [46] or Stress Terminal UI provides a simple interface to monitor the CPU and RAM
information. It uses the psutil library and the RAPL interface provided by Intel as dis-
cussed in Section 2.3.1. This RAPL interface provides detailed information about the
energy usage by each package at every second.

Figure 2.9: A sample GUI result of S-tui tool
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The power stats is provided by Intel in the file (‘/sys/class/powercap/intel-rapl:*/’) in
RAPL format. This information is parsed, appended and provided in both the UI and logs
by this library. Further, it uses information from the psutil to mark active cores, temper-
ature and frequency to give a piece of comprehensive information about the net energy
utilisation.

Figure 2.9, shows the GUI result of the s-tui library. For our implementation, we would
ignore the GUI and run the library in the background. The energy information would be
stored in logs which would be parsed to determine the net energy consumption.

2.4 Data-Sets

Since one of the goals of the project is to compare the energy-efficiency of multiple CNN
models; we chose one of the most popular and open-source data-sets available. We have also
chosen databases with relatively smaller in size with fewer classes to classify for convenience
as the goal of the project is to illustrate concepts rather than build a sophisticated Neural
Network.

2.4.1 MNIST

MNIST is one of the most popular deep learning datasets which is a subset of a more exten-
sive set available from NIST. It’s a dataset of handwritten digits that contains a training
set of 60,000 examples and a test set of 10,000 examples. The digits have been centred
and size- normalised in a fixed-size image of 28*28 pixels. This pre-processed dataset al-
lows developers to quickly test learning techniques and pattern recognition methods with
minimum effort [47].

Figure 2.10: MNIST dataset [9]

There have been several scientific papers which use this data-set for there research,
in-fact even Tensorflow and Keras allow us to import and download the MNIST data-set
directly from their API.

2.4.2 CIFAR-10

CIFAR-10 is also one of the popular datasets for deep learning algorithms. CIFAR-10
dataset consists of 60,000 32x32 colour images in 10 classes, with 6000 images per category.
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These 60,000 images are again split as 10,000 test images and 50,000 training images. The
10 different classes represent aeroplanes, cars, birds, cats, deer, dogs, frogs, horses, ships,
and trucks. All of these images exclusively belong to one of the classes, meaning there is
no overlap between the classes for a given input [48].

Figure 2.11: CIFAR-10 dataset [10]

2.4.3 Caltech 101

Caltech 101 is a data set of digital images compiled by Fei-Fei Li, Marco Andreetto, Marc
’Aurelio Ranzato and Pietro Perona at the California Institute of Technology. It is intended
to facilitate Computer Vision research and techniques and is most applicable to techniques
involving image recognition classification. It has a total of 9,146 images, split between 101
distinct object categories with about 300x200 pixels - 40 to 800 images per category with
most categories having about 50 images. Common and popular categories such as faces
tend to have a larger number of images than others. The main advantage of this data-set
is that almost all the images are uniform in image size and the relative position of interest
objects. Moreover, users do not need to crop or scale images before using them [49].

2.5 State-of-the-art energy optimisations for Neural Networks

In this section, we would discuss some of the recent papers related to this subject. The
basic idea or each approach is explained briefly skipping over the minor implementation
details. We have divided them into four main sections; Firstly, we would discuss the
hardware approach where researchers are trying to optimise the hardware to run a certain
kind of Neural Network. Secondly, we detail approaches to make low-level approximations
to get better results, followed by a few established techniques to create multiple scalable
models for a given model. Finally, we would be discussing pruning technique to improve
the energy-efficiency of the given model.
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2.5.1 Hardware Accelerators

Much research in this field is done in hardware-accelerators. These accelerators are gen-
erally designed to improve the speed and efficiency of specific instructions which are often
used while training and testing Neural Networks.

One such accelerator is Low-Rank Approximation for efficient Deep Neural Network
(LRADNN). This accelerator bypasses the inactive neuron calculations in a DNN to only
account for weights of neurons which are predicted to be active, which allowed a lesser
number of arithmetic operations with only a small performance degradation. They also
developed a Low-rank approximation (LRA) predictor, which calculated these synaptic
weights based on accuracy and computation complexity. Finally, they implemented this
proposed accelerator with a 5-stage pipeline architecture using TSMC 65nm technology.
They had impressive results with up to 53% energy saving and 43% throughput increase
for specific architectures [50].

Another interesting approach could be taken by optimising the data-flow to improve
the Neural Network Accelerators. Memory access usage and data movement often consume
most of the energy in a DNN. If we can maximise this by re-using the data and storing it
in low-energy-cost storage levels, then we can dramatically improve the energy-efficiency of
the Neural Network. The paper argues that there are many opportunities for data re-use,
which include use filter re-use, wherein each filter weight is re-used across multiple input
feature map. Moreover, we could re-use the partial sums calculated for each output fea-
ture map. Finally, the paper proposed a new technique called Row-Stationary (RS), which
optimise the data movement for superior system energy-efficiency. This evaluated to be up
to 2.5 times more energy-efficient than existing data flows in processing a state-of-the-art
DNN. There are also guidelines provided for future work in this field in the paper [51].

RAPIDNN is another proposed framework to solve the data movement energy con-
sumption problem described above. The proposed memory design is capable of supporting
all the DNN functions in memory itself. This is extending the idea of processing in mem-
ory (PIM), where the data is not sent to the cores of the computer to be processed but is
partially processed in the memory itself. RAPIDNN first interprets the DNN model and
maps all the operation in the specialised accelerators (which support PIN operations with
non-volatile memory). Then at run-time, the accelerators compute the result using these
mapped operations in-memory to provide the required solution. This approach achieved
impressive results as well with 68.4 times energy-efficiency improvement and 48.1 times
speed improvement, with almost no loss in quality [52].

Although these hardware approaches are providing impressive results, we have decided
to lean towards software approaches for our project. The reason for this is many-fold,
firstly, since a lot of research is already taking place in this field, it might be harder to
find a novel solution. Secondly, it would be hard to design and test any proposed solutions
due to lack of resources and knowledge in this particular field. Finally, it is often hard to
replicate any established approach without having specific hardware support.

2.5.2 Approximate Computing

Approximate computing or Stochastic Computing is another effective method to reduce
the computation complexity and energy consumption, especially in the ‘light-weight’ hard-
ware. The basic idea is only to compute numbers to a given significant precision. This
leads to saving on computation but include random error fluctuation in the results.
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Typically existing approaches commonly fall into three categories: the first being
application-specific hardware or software, which take advantage of low-complexity algo-
rithms coupled with hardware tailored to the application-specific needs. One such ap-
proach is dynamically removing near-zero weights, applying weight-scaling, and integrat-
ing the activation function with the accumulator until the required energy savings have
been achieved. This is done on fixed hardware that supports the needed characteristics of
stochastic computing [53].

The second being the design of application-independent hardware systems, one such
example would be to approximate Multiplier Design using bit significance-driven logic
compression [54]. They designed a new multiplier design which systematically compresses
lower-significance bits of the highest order multiplier to achieve substantial energy savings
at a low loss of accuracy. This also reduces the resulting number of product terms, which
result in lower compute cycles for the same multiplications.

Figure 2.12: Image approximation technique [11]

Third and the last type would be to approximate the input values itself and to use
hardware and software solution to adapt depending on the significance of the input. One
such approach defines the relevance of the image through parallel inference of mean and
standard deviation per image block (a small section of the image) [11]. This is done in a
loop until we meet the required energy standards by accurate processing of high-complexity
areas and approximate processing of lower complexity regions, as shown in Figure 2.12.
The underpinning evaluation based on the significance is performed on the given hardware
and software implementations.

The main advantage of this approach is that it can often result in significant improve-
ments; especially in the specific cases where a computation method is used multiple times
during processing. On the other hand, by design, we make clear trade-offs between ac-
curacy and energy-savings of the model and therefore, the only way to make significant
energy savings is to accept a significantly lower precision. Moreover, most approaches
in this domain require implementing/manipulating low-level hardware implementations,
which would be hard to test and verify for this project, given the restrictions in knowledge
and resources.
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2.5.3 Scalable effort Cascading Classifiers

The classification problem is one of the significant and widespread applications for machine
learning algorithms. Scalable effort classifiers provide a new approach for optimised, more
accurate and energy-efficient supervised machine-learning. The main idea of this approach
is to generate multiple models with increasing complexity instead of one complex model
for classification. This allows us to discriminate on which model to use based on the
complexity of the input. We can, therefore, use an easy model to classify test inputs with
low complexity. On the other hand, we would need to use the complex model for the test
inputs with higher complexity.

Figure 2.13: Basic approach by Scalable effort Classifiers [12]

Figure 2.13 explains the approach using an SVM (Support Vector Machine) example.
In the traditional model, we would classify both easy and hard test input with the same
complex SVM model. This resulted in energy-intensive and expensive computation even
in the cases when not required for many inputs. In the proposed, approach we train two
models, we first pass all the inputs on the simpler model and check the confidence interval.
Then only the hard test input (ones closer to classification hyper-plane in this case) are
applied to the complex model. This technique has provided up to 2.3× and 1.5× improve-
ment in energy and run-time [12].

Another significant contribution of the paper is the method to determine the complexity
of the inputs at run-time. This was a substantial bottleneck for scalable classifiers before
this approach was introduced. It includes passing the given test inputs on the simpler
model and checks the confidence level of the output. To measure the confidence level, we
train biased classifiers for each class of the output. These biased classifiers are specialised
in predicting the presence of one class of the output. After this, we apply a consensus
algorithm to determine the confidence level of the model. If the global consensus, as in the
case of Figure 2.14, is formed when the model is classified otherwise, it is sent to the next
more complex model to repeat the process.

22



Figure 2.14: Determine the complexity of the model at run-time using biased classifiers
and Global Consensus [12]

Further, there have been advancements in the conditional Deep Learning Classifier
[13], Cascading Neural Network [37], the Distributed Deep Neural Network [55]. These
methods primarily try to converge all these above models into one model with a different
termination clause after each layer. Evidently, in such cases, we would have to test the
confidence interval after each layer to check if it meets the threshold. If the threshold is
met, we exit the model with a unique output layer at each stage, as shown in Figure 2.15.

Figure 2.15: Illustrating conditional deep learning classifier [13]

However, it is shown in a recent study [56], the layer level manipulation and execu-
tion like shown above are far out-performed by the network layer adaption. Therefore, we
would be focusing on network-level designs. Big/Little Deep Neural Network [57], focuses
on the similar network-level approach where it creates the concept of ‘confidence level’ of
the network, a score given by initial network to decide if we would use further networks is
theorised and further solidified.

Finally, there are tree-structured approaches [58] and [59], where a hierarchical Deep
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Neural Network is used in a tree structure with CNNs at multiple levels. These approaches
are promising as they allow to dynamically select the correct Neural Network at each stage
based on its complexity and domain of possible output classes. However, we could argue
that the algorithms and models used to in this type of approach are trivial and we would
examine them in further to improve their effectiveness.

The main advantages of this approach that it is general, i.e. it can be applied to a
wide variety of machine learning models. The above papers also describe a basic algorithm
to train these scalable models and process the test inputs for the same, which gives us a
good start point. A clear trade-off between accuracy and energy conservation is also not
evident, in-fact in some instances like [12] we can make the system both more accurate and
energy-efficient at the same time. Further, unlike other approaches, there is no requirement
for specialised hardware to perform these approaches. On the other hand, we make certain
assumptions about the given model and training data; firstly, we assume a wide range of
complexity of inputs in the test and training datasets. Moreover, we also assume each
output should belong to one output class.

2.5.4 Energy-Aware Pruning

The concept of pruning is to remove lesser-used parts of Neural Network in order to im-
prove performance and energy-efficiency with some loss in the accuracy of the network.
Multiply-and-accumulate (MAC) operations in convolutional layers and fully connected
layers dominate the total operations performed in the state-of-the-art CNNs and there-
fore form a large part of the processing run time and energy consumption. The energy
consumption of these operations comes from computation and memory accesses for the
required data both in feature map and weights. Simply reducing the number of weights or
operations in CNN might not have a major impact on energy consumption because fetch-
ing data from memory consumes orders of magnitude higher energy than the computation
itself [14]. The energy consumption by the memory for given weights is quite unpredictable
as weights, and input activations are often reused and therefore can be stored in the cache,
which is much more faster and energy-efficient. As a result of this uncertainty of energy
consumption based on hardware and CNN design, the proposed technique uses the energy
measurement directly to make pruning decisions rather than a traditional weight-based
approach.

The first step of the process is to choose which layer to prune. As more and more lay-
ers are pruned, it becomes increasingly challenging to prune weights because the accuracy
approaches the given threshold. Thus, we should start with the layer, which takes the
most energy to maximise our savings. The next step involves removing weights less than a
given threshold. This step might result in some loss in the accuracy and some imbalance
of weights between layers. The third step includes restoring the weights to gain back some
accuracy; this is done by solving an L0 optimisation problem. We make sure that only a
certain number of weights are set back to prevent the algorithm from restoring the weights
in small residues [14].

Finally, in the fourth step, we perform a local optimisation to the entire layer. This
can involve changing all the weights in the layer to maximise the accuracy of the layer.
These four steps are repeated until all the layers are pruned. Finally, a global fine-tuning
is performed across the entire network. In this step, all the residue weights are changed to
maximise the network accuracy (similar to the last step) across the entire network. Figure
2.16 describes the steps in a flowchart format.
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Figure 2.16: Steps of the proposed Energy-Aware Pruning technique [14]

An advantage of this given technique is that it could be applied to any CNN or poten-
tially any Neural Network. Moreover, it can improve the energy-efficiency of a given trained
state-of-the-art network aggressively (AlexNet and GoogLeNet are reduced by 3.7× and
1.6×). The main disadvantages include the clear trade-off between accuracy and efficiency,
as effectively we are moving towards a simpler model which provides energy savings at the
cost of reducing complexity and accuracy in potential edge cases. Moreover, it is likely to
be only applicable to large Neural Networks with many layers and neurons, and we observe
it is not useful in relatively more straightforward models.

2.6 Dimensionality Reduction

It is to be noted that when we use the term ’dimensionality’, we do not only refer to the
number of parameters or properties but can often also refer to the number of density of
these inputs parameters well. For example, setting many non-relevant (less relevant) pa-
rameter values as 0.

2.6.1 Statistical Techniques

There are two popular linear transformation techniques to reduce the dimensionality of
large data-sets.
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PCA

Principal Component Analysis, or PCA, is dimensionality reduction technique that trans-
forms a large set of variables (dimensions) into a smaller one without losing most of the
information (variance) provided by a large set of dimensions. It is to be noted that PCA
does not select a set of features and discard other features, but it infers new features, which
best describe the data-set.

The first step of the process is the standardisation of that data to bring all the data on
the same scale. This is similar to pre-processing or normalisation of data and is primarily
done to prevent a small range of values from dominating the calculations. After this step,
we construct a covariance matrix of p × p (where p is the number of dimensions). It helps
define the relationship between the dimensions. An example of 3 dimension covariance
matrix is given below.

M =

Cov(X,X) Cov(X,Y ) Cov(X,Z)
Cov(Y,X) Cov(Y, Y ) Cov(Y,Z)
Cov(Z,X) Cov(Z, Y ) Cov(Z,Z)


where

Cov(X,Y ) =

∑n
i=1(Xi − X̄)(Yi − Ȳ )

n− 1

Next, we calculate the eigenvectors and eigenvalues of this covariance matrix. Eigenvec-
tors resemble the directions of the axes where there is the most variance (most information),
and eigenvalues resemble the scalar with which it will be stretched after the transformation.
We, therefore, extract the k eigenvectors corresponding to k-largest eigenvalues. These are
the new dimensions of the data.

In the final step, we cast the original data to use the feature vector formed using the
eigenvectors of the covariance matrix. To achieve this, we reorient the data from the original
axes to the ones represented by the principal components (given by the most significant
eigenvectors).

Figure 2.17: Illustrates the basic difference between PCA and LDA [15]
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LDA

Similar to PCA, LDA or Linear Discriminant Analysis is a dimensionality reduction tech-
nique aimed to preserve most of the information (variance). However, unlike PCA, LDA is
a supervised data compression technique and is also aimed at increasing class distinction
(distance between the classes). Therefore a good LDA seeks to find the feature subspace
that optimises class separability and maximum variance in a data-set.

The first step for calculating LDA is the standardisation of data similar to PCA. The
next step is finding the mean for each class of the output. We use this to calculate
class scatter-matrix, and the between-class scatter matrix. This can be calculated by the
following formulae.

M = S−1w Sb

Sw =
c∑

i=1

Si

Sb =
c∑

i=1

Ni(mi −m)(mi −m)T

where

Si =
n∑
x

(x−mi)(x−mi)
T

In the formulae above Si denotes the variance of the data for any particular class. Sw
denotes the within-class scatter matrix and is the sum of the variances over all the classes.
We seek to minimise the overall sum of all the variances together. sb denotes the between
class scatter-matrix with as m as the mean of the classes. We also aim to maximise this
to increase the distance between the output classes. We use these to calculate the net
covariance matrix (M).

The final step is similar to PCA where we cast the original data to use the feature
vector formed using the eigenvectors of the largest eigenvalues of the covariance matrix.
Figure 2.17 illustrates the fundamental difference between PCA and LDA.

2.6.2 Semantic Techniques

Often overlooked is the amount of semantic information present in complex inputs such
as images, colour, texture, edges and corners. This information can be extracted and of-
ten used in place of actual images to perform classification on a higher level. One of the
popular approaches used is to extract the HSV Colour space of the images and then using
popular clustering techniques such as K-mean to cluster the images into groups [16], [60].

In the traditional K-mean clustering algorithm can be computationally intensive but
extracting the colour spaces and executing the algorithm, as shown in Figure 2.18, saves a
lot of computation complexity which in-turn can save a large amount of energy. However,
it is to be noted that choices of colour space may have significant influences on the result of
image segmentation– Therese many kinds of colour space, including RGB, YCbCr, HSV.
Although RGB and YCbCr colour spaces are commonly used in raw data and coding
standards, they are not close to human perceptions and often do not yield correct results
in the classification of objects. Therefore the choice of semantic play a significant part
inefficiency of the algorithm.
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Figure 2.18: Steps of the proposed Semantic K-mean clustering algorithm [16]

Furthermore, semantic information also used widely used in use cases such as objection
detection. In such cases, this information is useful to train models to classify out the
negative examples without spending a large amount of computation and energy. One
such example is Object Detection using Semantic Decomposition [61], uses colour/texture
information from images to classify out the negative objects images using a simple Neural
Network.

2.7 Bayesian Optimisation

Bayesian optimisation is a class of machine-learning-based optimisation methods that aims
to solve a maximisation or a minimisation problem of the following form.

maxx∈Af(x),

In the above equation, input x is in Rd for a value of d (dimensions) that is not too
large. The set A is bounded set where x can take any values with dimension d from that
set. Also generally, we assume that the f function is continuous, np-hard and “expensive
to evaluate”. This also implies that f is not of the form of particular form such as of from
polynomial, trigonometric, etc. as there are specific techniques that leverage such structure
to improve efficiency.

Further, Bayesian optimisation is only useful in cases where f performs as a “black-
box”, and we observe only f(x), with information such as first-order and second-order
derivatives are not known. Also, for the scope of this project, we would also assume that
the f(x) produce no noise or noise of negligible value. Finally, we are aiming to find the
global optimum rather than a local solution.

The ability to optimise expensive derivative-free black-box functions makes this tech-
nique extremely useful. One of the recent widespread use of this technique is tuning of
hyper-parameters in machine learning algorithms, especially Deep Artificial Neural Net-
works [62]. Other uses include calibration of environmental models [63], and in the opti-
misation of reinforcement learning [64].
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2.7.1 Basic Algorithm

There are two main parts for the Bayesian optimisation algorithm; a Bayesian statistical
model to model the given objective function and an acquisition function to decide which
point to sample next in the model. Initially, the algorithm starts with by choosing and
measuring the value of a few samples randomly. Then further new points are determined
based on the acquisition function until we reach the budget N as shown in Figure 2.19.

Figure 2.19: Steps for Bayesian Optimisation algorithm [17]

Figure 2.20: Model and acquisition function in Bayesian Optimisation [17]

The statistical model provides a Bayesian posterior probability distribution that de-
scribes the possible values of f(x) at a given point x. We use this model as input to the
acquisition function, which computes the next point to explore (xn). After we get this
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point, we observe the output of this point from the given objective function to obtain new
information about the model (yn). Finally, we update our model using this information
and iterate again until we run out of budget.

In Figure 2.20, the top panel shows the current model with the blue circles as noise-
free observations of the objective function. The model also shows the posterior probability
distribution on each f(x) that is normally distributed with mean and variance. The solid
red line shows the mean and the dashed red line shows the variance with 95% Bayesian
credible interval. The mean is usually approximated to the actual value of the objective
function. The variance is used to calculate the next point. As we observe in the bottom
panel, the value of the acquisition function correspond to the uncertainty of the model at
a given x with the highest value at the most uncertain point. This makes sense because
the value of x with highest acquisition function value is chosen as next point to explore
and observing a point where we are more uncertain about the objective model tends to be
more useful in finding good approximate of the model and thus global optima.

2.7.2 Regression of Gaussian Processes

This part aims to evaluate and iteratively update the model with the given information.
The first step would be to collect the known values of the points (x1...xn) into a vector
[f(x1)..fxn()]. Now we can construct a mean vector and covariance matrix for these values
which correspond to a multivariate Gaussian Process with a prior distribution. Therefore
we can represent this by the following equation.

[f(x1), ..., f(xk)] = Normal([µ(x1)...µ(xk)], [Σ(x1, x1)...Σ(xk, xk)])

The mean vector is constructed using a mean function µ for each input x and the
covariance is constructed by using the applying the kernel Σ to a combination of pair of
points xi, xj . These functions are chosen by the model creator with µ often have the value
as a constant (mostly 0) and a kernel as a function that increases with the value of the
smaller value of |||xi − xj ||.

Now once we have this multivariate normal prior distribution, and we wish to infer the
value of f(x) at some new point x. Using the conditional distribution also called Bayes
rule we get:

f(x)/[f(x1), ..., f(xn)] = Normal(µn(x),Σ(x))

where (at µ = 0):

µn(x) = [Σ(x, x1)..Σ(x, xn)][Σ(x1, x1)...Σ(xk, xk)]−1[f(x1), ..., f(xn)]

Σ(x) = Σ(x, x)− [Σ(x, x1)..Σ(x, xn)][Σ(x1, x1)...Σ(xk, xk)]−1[Σ(x1, x)..Σ(xn, x)]
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Figure 2.21: Comparing different Gaussian Kernels

Therefore from the above, we can conclude that it is critical to choose right mean
functions and kernel. Mean functions as we discussed earlier are constants and the typical
value is 0. Kernels should have the property that input points closer are more strongly
correlated, i.e. if ||xi − xj || < ||xi − xk||, then Σ(xi, xj) > Σ(xi, xj). Most commonly used
simple kernel is Gaussian kernel as shown in Figure 2.21 which is often represented by:

Σ(xi, xj) = α ∗ exp(−||xi − xj ||2)

It is also to be noted that mean function and kernel contain parameters called prior
hyper-parameters. There are three approaches to calculate them which are maximum like-
lihood estimate (MLE), maximum a posteriori (MAP) and sampling the hyper-parameters
from their posterior. However, these techniques are only used in very specific applications
and are beyond the scope of this project.

2.7.3 Acquisition Functions

As we discussed in Section 2.7.1, the acquisition function is used in each loop to find out
the next point to evaluate with the given function. There are many established acquisi-
tion function; however, we would discuss in detail the most common acquisition functions
which are ‘expected improvement’, ‘Upper Confidence Bound’, ‘Probability of Improve-
ment’. They are easy to reason, use and performs well as compared other functions such
as ‘gradient’, ‘entropy search’ and ‘predictive entropy’ search which is typically only used
in more ‘exotic’ problems.

Upper Confidence Bound

Probably the most straightforward function to understand is the upper confidence bound.
According to this function, the next point to explore is given by:

xn+1 = argmaxx(µ(x) + κ ∗ σ(x))
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According to the formulae the next point would be given by the summation of mean and
the variance or uncertainty in the prior distribution. This formulae is intuitive because
in the maximisation case, we would like to explore the term near the higher value of the
known terms (given by µ(x)) to get the local maximum. Further, we would also like to
explore the areas with maximum uncertainty to ensure we are obtaining the global maxi-
mum. Therefore we add the σ(x) term to get higher values with higher uncertainty.

The κ term expresses the balance of ‘Exploitation vs Exploration’ in the function. The
higher the value of κ, the value of the next term would be affected by the uncertainty and
the model would be inclined to explore the unknown regions. While having a small value
of κ makes the contribution of mean in the formulae significant, resulting in model looking
for values near the higher terms. Therefore ideally we would require careful calibration
of κ to explore the region and at the same time to obtain the maximum from the known
regions.

Expected Improvement

We can illustrate this by an example. Suppose we have completed n iteration and there-
fore have n observed values. In this case, if we need to decide the maximum, the opti-
mal choice is the previously evaluated point with the most significant observed value or
f∗ = maxm≤nf(xm).

Now suppose we want to perform one more additional evaluation. We should choose
an x such that f(x) ≥ f∗. We can measure this improvement (Em) with f(x) − f∗ for
positive value and 0 otherwise. This can be represented by the following equation.

Em(x) := max(0, E(f(x)− f∗))

We can further calculate the expected value in the above equation using the given mean
and variance of the posterior distribution. We can, therefore, get the next point to evaluate
by:

xn+1 = argmaxxEm(x)

We should know that certain assumptions have been taken into account in the above
equations. These include that we are risk-neutral and do not have an inclination towards
any specific values, and we are willing to take the best value (f*) as the final solution if no
better alternative is found.

Probability of Improvement

Probability of improvement is the first acquisition function designed for Bayesian optimi-
sation. Again in this, we would suppose we have completed n iterations and therefore have
n observed values. Now, the maximum or the optimal choice is the previously evaluated
point with the most significant observed value or f∗ = maxm≤nf(xm).

Now we can get the utility only in the cases when we find a bigger value than the
current optimal value. Hence the utility (u) function can be observed as:

u(x) = 1 iff(x) > f∗, and

u(x) = 0 iff(x) ≤ f∗

The above functions show that we get a unit reward if f(x) turns out to be more than f*.
Otherwise, we get no reward. Therefore we can write the probability of Improvement as
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the cumulative distribution function as shown in the equation:

PI(x) = P (f(x) > f∗)

=⇒ PI(x) =

∫ f∗

−∞
N(f ;µ(x), σ(x)

=⇒ PI(x) = Φ(
µ(x)− f∗
σ(x)

)

Where PI() function represent the Probability of Improvement, N() is the normal
Bayesian function and Φ() is cumulative distribution function (CDF) of the standard nor-
mal distribution. It is given by the following equations:

Φ(x) =
1√
2π

∫ x

−∞
e

−t2

2 dt

Finally we can find the next point to evaluate by:

xn+1 = argmaxxPI(x)

Intuitively, we can understand that the probability of improvement first defines a func-
tion with a unit reward if we find the better optimal solution and then find input which
would maximise the probability of this function.

2.7.4 Library

We have opted to use the ‘bayesian-optimization’ library [65] in python to perform Bayesian
optimisation in our algorithm. The main reason is it being open-source and provides with
a simple interface to implement and tune the optimisation process. It also offers a wide
variety of configurations and parameters which allow to experiment and choose the best
algorithm for our optimisation. This library in-turn uses ‘Scipy’ and ‘Scikit-learn’ libraries
for low-level Bayesian functions.

Figure 2.22: Overview structure of the ‘bayesian-optimization’ library
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Figure 2.22 shows the brief structure of the library. The optimiser is defined in the
‘Bayesian optimisation’ class, which acts as the main class with other parts of the library
supporting different helper functions. The optimisation process begins by defining the
Gaussian Process Regressor, Target Space and Queue. The Target Space is defined by
the optimisation function and the user-given bounds. The specification of the Regressor is
defined by the user. We would be using the default kernel for our case, which is Matern[66]
with ν to be 2.5. Further, we have assumed no noise for our experimentation thus we
would be using a small value of alpha=1e-6.

After getting the Regressor, we add the initial point to the queue. Then these points
are evaluated one by one and added to the Target Space. The Target Space is responsible
for interaction with the given user-function. It evaluates the generated points, keeps tracks
of the known data and even generates random initial points.

Next, we use this information to update the Reggresor and update our model. This
Regressor is then passed to the acquisition function in the Utility Function library to get
the next best point to evaluate. This new point is added to the queue and evaluated and
updated by the Target Space similar to initial points. The above process is carried in a
loop until we run out of iterations.

Periodically after each iteration, the main function dispatches events. These events are
picked up by the observer and then passed to the logger for logging. This helps the user
to monitor the process and observe the behaviour of the library.
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Chapter 3

Experimental Methodology

In this chapter, we would discuss in brief the experiment methodology adopted to measure
energy usage by machine learning algorithms in Section 3.1, steps are taken to remove back-
ground noise in Section 3.1.1, and measures taken to solidify the findings in Section 3.1.2.
To calculate the precise energy savings, we would compare the energy consumption of the
established algorithms with the energy utilisation of the proposed algorithms. Therefore,
we measure the energy consumption of the current established models in Section 3.2 and
will discuss and compare the proposed algorithms in further chapters.

3.1 Energy Measurement environment

The first step before implementation of any algorithms was to create an ‘Energy Measure-
ment Environment’ that can reliably measure the energy utilised on a given hardware. As
we studied in the background, there is no established tool for energy measurement in the
industry. The primary reason being that energy measurement varies a lot with different
architectures and processors. Moreover, as we discussed in Section 2.5.1, in some applica-
tions such as DNN’s most of the CPU cycles and energy is consumed in the data movement
rather than processing of data. Thus the energy consumption of RAM and disk can be
significant. Therefore, this makes it harder for any tool to give holistic energy consumption
for all possible architectures and energy sources.

1 de f start_measurement (name) :
2 g l oba l p
3 #Star t subproces s to record time and energy taken
4 p = subproces s . Popen ( [ "rm" , "−f " , " . /_s−t u i " + name + " . l og " ] , s h e l l=

Fal se )
5 #pr in t " S ta r t i ng s−t u i @" , datet ime . now( ) . s t r f t ime ( ’%Y−%d−%m−%H−%M−%S ’ )
6 f = open ( "output . txt " , "w" )
7 p = subproces s . Popen ( [ "s−t u i " , "−d" , "−−debug− f i l e " , " . /_s−t u i " + name +

" . l og " ] , s tdout=f , s td in=subproces s . PIPE , s h e l l=Fal se )
8 re turn

Listing 3.1: Code snippet showing the function to start energy measurement

We would primarily use s-tui for our energy measurements. The main reason being that
it collects information directly from RAPL interface and psutil library, which are both very
widely used and reliable sources of system information. Moreover, it is the closest universal
tool which supports Linux OS with Intel processors (Intel processor generation from 2 to 7).

Listing 3.1 shows the Python implementation for the start of energy measurement. We
use the subprocess library to start s-tui process in the background. The measurements are
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recorded in the log file passed (‘_s-tui + name’ in this case). Further, we PIPE the output
of the file into a separate output.txt file to get a cleaner output from the program.

1 2019−05−10 09 :28 :46 ,091 [ update ( ) ] [ INFO ] U t i l i z a t i o n recorded 77 .8
2 2019−05−10 09 :28 :46 ,092 [ get_power_usage ( ) ] [ INFO ] cur rent 1.49292993602 e+11 l a s t 1.49292107679

e+11
3 2019−05−10 09 :28 :46 ,092 [ get_power_usage ( ) ] [ INFO ] Joule_Used 0.885923 seconds_passed

0.0110728740692
4 2019−05−10 09 :28 :46 ,092 [ get_power_usage ( ) ] [ INFO ] Power read ing e lapsed
5 2019−05−10 09 :28 :46 ,092 [ get_power_usage ( ) ] [ INFO ] Max power updated 81 .0
6 2019−05−10 09 :28 :46 ,092 [ update_displayed_graph_data ( ) ] [ INFO ] Reading 4399
7 2019−05−10 09 :28 :46 ,092 [ update_displayed_graph_data ( ) ] [ INFO ] Reading 77 .8
8 2019−05−10 09 :28 :46 ,092 [ update_displayed_graph_data ( ) ] [ INFO ] Reading 76 .0
9 2019−05−10 09 :28 :46 ,093 [ update_displayed_graph_data ( ) ] [ INFO ] Reading 80.0084056282

10 2019−05−10 09 :28 :46 ,094 [ update ( ) ] [ INFO ] U t i l i z a t i o n recorded 66 .7
11 2019−05−10 09 :28 :46 ,095 [ get_power_usage ( ) ] [ INFO ] cur rent 1.49293268626 e+11 l a s t 1.49292993602

e+11
12 2019−05−10 09 :28 :46 ,095 [ get_power_usage ( ) ] [ INFO ] Joule_Used 0.275024 seconds_passed

0.00315713882446
13 2019−05−10 09 :28 :46 ,095 [ get_power_usage ( ) ] [ INFO ] Power read ing e lapsed
14 2019−05−10 09 :28 :46 ,095 [ get_power_usage ( ) ] [ INFO ] Max power updated 88 .0

Listing 3.2: An example log file for the energy measurement

Listing 3.2 shows an example log file. We can observe different readings from a graph
such as Temperature, Frequency, Utilisation etc. It also records the total power utilisation
in Joules and seconds passed.

1 de f stop_measurement (name) :
2 g l oba l p
3 # Stop the record o f time and energy
4 p . s td in . wr i t e ( ’ q ’ )
5 #pr in t " K i l l i n g s−t u i @" , datet ime . now( ) . s t r f t ime ( ’%Y−%d−%m−%H−%M−%S ’ )
6

7 #Calcu la t e t o t a l energy used
8 l o g bu f f e r = open ( " . /_s−t u i " + name + " . l og " , ’ r ’ ) . read ( )
9 pattern = re . compi le ( "Joule_Used\ s+[0−9]+\.[0−9]+\ sseconds_passed \ s

+[0−9]+\.[0−9]+" )
10 matches = re . f i n d a l l ( pattern , l o g bu f f e r )
11

12 energy = [ ]
13 t imes = [ ]
14

15 f o r match in matches :
16 va l = f l o a t (match . s p l i t ( ’ ’ ) [ 1 ] . s t r i p ( ) )
17 energy . append ( va l )
18 va l = f l o a t (match . s p l i t ( ’ ’ ) [ 3 ] . s t r i p ( ) )
19 t imes . append ( va l )
20 re turn (sum( energy ) , sum( t imes ) )

Listing 3.3: Code snippet showing the function to stop energy measurement

We stop the measurements by killing the background process that records the energy.
Then we parse the file to calculate the total energy used and time passed, as shown in
Listing 3.3. Thus we get the total energy used and the total time the program ran.

All the experiments are run in an isolated machine with 8 core cpu with 2 thread(s)
per core. The CPU model is Intel(R) Core(TM) i7-7700K CPU @ 4.20GHz with CPU
max frequency at 4500 MHZ and min frequency at 800 MHZ. The machine has L1d and
L1i cache of 32K each. It also has L2 and L3 cache of 256K and 8192K respectively. The
system has a total 16Gb of memory with SSD for storage.

3.1.1 Accounting for background noise

Background noise includes other user programs and system applications running. These
can contribute significantly to the total energy consumption of the system. Therefore we
account for this by running sleep for 5 seconds and record the energy consumption by s-tui
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tool.

Once we get this reading, we calculate the average reading per second. This gives
the energy consumption by the background processes per second. Calculating per second
allows us to calculate the expected energy consumption for the application as we know
the run-time of the application. This is then subtracted from the total reading of the
application energy to get our final energy reading.

We take this background reading each time just before taking the application reading.
We, therefore, have an underline assumption that the background energy consumption does
not vary substantially during the evaluation phase as compared to background reading
phase. This could be a reasonable assumption because the evaluation phase typically lasts
for a few seconds and therefore, the probability of significant change of average background
energy consumption in a few seconds just after the reading is small.

3.1.2 Verify results

Although we use s-tui as our primary tool for energy consumption, we further verify our
results using the other energy measurements tools; PowerKap and Power Gadget. These
tools are briefly explained in Section 2.3.

The main advantage of using PowerKap over s-tui is that it provides the entire RAPL
reading as output. This allows to exactly measure the energy consumption by the CPU
cores and RAM. Having this information could be useful as we can ignore the background
noise if we dedicate a CPU core to the user program. In such case we can only account
for the energy consumption by this core and noise is only limited to energy consumption
in L3 cache and memory.

We use Intel Power Gadget as a visualisation tool. This tool plots the live and his-
torical energy consumption, hence making it easier to analyse energy consumption and
quickly observe any variation in energy consumption either during the program or due to
background noise.

Finally, measuring the results multiple times with different tools also helps to solidify
our readings. This also allows us to account for the unlikely events where we observe a
significant variance in the background noise due to system processes.

3.2 Measuring energy consumption of state-of-the-art solu-
tions

Now, after establishing our experimental methodology, we would use this to measure the
energy consumption of the state-of-the-art solutions in this field. We have taken two imple-
mentations as benchmarks for our project; Keras library implementation [67] for Cifar10
and MNIST and cascading models [12] (Scalable classifiers in Section 2.5.3).

Keras library implementation (also known as KerasNet) is one of the most popular
CNN model used for Cifar10 and MNIST and is widely used for comparison in studies [68]
[69] [70]. It’s a single CNN with a few layers. The main parameters of the network are
given in Table 3.1.
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Hyper-Parameters Value Explanation

conv1_features 32 Dimensionality of output space of convolution layer 1

conv1_kernel 3 Height & Width of 2D convolution window of layer 1

conv2_features 32 Dimensionality of output space of convolution layer 2

conv2_kernel 3 Height & Width of 2D convolution window of layer 2

conv3_features 64 Dimensionality of output space of convolution layer 3

conv3_kernel 3 Height & Width of 2D convolution window of layer 3

conv4_features 64 Dimensionality of output space of convolution layer 4

conv4_kernel 3 Height & Width of 2D convolution window of layer 4

full1_features 512 Dimensionality of output space of fully connected layer

Activation functions relu,softmax Defines the output of that node

Table 3.1: Table explaining hyper-parameters of Keras CNN

This implementation is simple as compared to more recent Neural Networks and thus
provides 74% accuracy with 30 epochs and about 78% accuracy with 100 epochs. Being
a simple Neural Network, it consumes much less energy and therefore poses a challenge
for our project to optimise for energy-efficiency. The goal of the project is not to create
the best accuracy network but develop techniques to reduce the energy consumption while
providing a similar accuracy of a given network. Therefore, an advantage of choosing such
a simple network is that it has shorter training time providing more time to experiment.

We have taken multiple readings (5 in total) of the Keras example model for the MNIST
and Cifar10 datasets. Figure 3.1 and Figure 3.2 show the accuracy and total energy
consumed by the model for MNIST dataset, respectively. We obtain average application
energy (different of total energy and background noise) of 114 Joules and an average
accuracy of 99%.

Figure 3.1: Multiple reading of accuracy of MNIST Keras model
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Figure 3.2: Multiple reading of energy consumption by MNIST Keras model

Figure 3.3: Multiple reading of energy consumption by Cifar10 Keras model

Figure 3.4: Multiple reading of Accuracy of Cifar10 Keras model
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Figure 3.3 and Figure 3.4 show the energy consumption and accuracy of the Keras
model for the Cifar10 dataset. Similar to MNIST, we observe the total energy consumed
and the application energy. In this case, we observe average energy of 304 Joules and
average accuracy of 74%.

Scalable classifier [12] is also one of the recent and most popular technique by Microsoft
in Cascading networks. The basic idea being to train two different networks; one low-cost
network for ‘easy’ inputs and other more accurate higher cost network for ‘difficult’ inputs.
We will evaluate and compare this technique in this section.

For this project, we have defined the low-cost network or simple network for easier
input as Initial model and the more accurate higher cost network for difficult inputs as
Final model.

Figure 3.5: Energy consumption by MNIST Keras model and Scalable effort model

Figure 3.6: Accuracy of MNIST Keras model and Scalable effort model
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We have implemented the scalable classifier [12] (Scalable effort model) and compared
the result with the Keras example, as shown in Figure 3.5. The net energy consumed is
calculated as the summation of the energy of the 2 models used. We observe an average of
71 Joules, which is a significant (37%) improvement as compared to the one classifier model
(Keras Model). While at the same time, we observe almost no change in the accuracy of
the network, in Figure 3.6.

Figure 3.7: Multiple reading of energy consumption by Cifar10 Keras model and established
Scalable effort model

Similarly, in Figure 3.7, the total scalable model energy is the summation of the energy
of the two models used. We get an average of 218 Joules for the Scalable model. If we
compare it with the Keras model with energy consumption of 304 Joules, we get 28%
reduction in energy consumption. Another observation is, due to the more complex input
space, the Initial model (first model) takes most of the energy of the Scalable model energy.
In our observations, the first model takes 5× energy as compared to the second model.
Figure 3.7 shows that in the case of accuracy, the scalable model outperforms the Keras
model by about 1.5%.
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Figure 3.8: Multiple reading of accuracy by Cifar10 Keras model and established Scalable
effort model

To conclude, we first developed an Energy Measurement environment to reliably mea-
sure the energy consumption of given neural networks. Then we used this environment to
measure the accuracy and energy consumption of two popular network approaches; Keras
model and Scalable effort model. We observed that Scalable effort model outperforms the
Keras model in the accuracy and is still able to save a substantial amount of energy (37%
and 28%). This proves the effectiveness of the cascading model technique. Now, we will
explore methods to improve this Scalable effort model further.
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Chapter 4

Using lower dimensional input data

In this chapter, we would discuss different proposed optimisation techniques to improve
the current state-of-the-art cascading models by reducing the input ‘dimensionality’. In
Section 4.1, we discuss different techniques to extract Semantic data such as Colour, Tex-
ture, Edges, etc. and methods to Systematically reduce the dimension of the input space.
Then in Section 4.2, we discuss our proposed algorithm to arrange the Initial models such
as to gain maximum accuracy. Finally, in Section 4.3, we measure and evaluate the results
corresponding to our algorithm.

One of the main bottle-neck for the Scalable effort techniques in Section 3.2 was the
complexity of early models. These early models (Initial models) took up a large amount
of energy for their predictions. This was observed due to large input layer due to the
complexity and size of input images. For example, in Cifar-10, each input image had the
size of 32*32*3, which would require 3072 input values for each image.

Figure 4.1: Illustration for the process to pre-classify classes based on the semantic data

In the real world, we can extract a large amount of data from images; this includes
broad characteristics like colour, texture, edges etc. Thus, we can reduce and simplify the
given dataset into these characteristic (semantic) data. This allows to significantly reduce
the input complexity, thus allowing for much simpler models. We observe this effect in
Section 3.2 when comparing total energy of cascading model with a single model in MNIST
and Cifar10 databases.
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The basic idea can be understood with Figure 4.1, in this case, we classify the data
for four classes into two groups (1&4 as a group, 2&3 as another group) first with the
semantic classification as done by Model A. This classification should be simple due to
the small input size. Once small groups with similar semantic characteristics are formed,
we can further classify them to obtain individual classes using the full input size of the
image. This is shown with Model B and C, since these models have to only classify on a
few classes they could also be much simpler than the initial complex model.

If we compare the model in Figure 4.1 to the traditional cascading model, we have been
able to split the Initial model further into simpler models. The net energy savings would
be the difference of energy consumed by the given initial complex model and summation
of energy consumed by these simpler models in a given path. It is to be noted that the
effectiveness of this technique is reliant on the accuracy of the semantic model, which in-
turn depends on the chosen semantics and the given dataset. Further, we also need to
develop an algorithm to arrange and select these models effectively.

4.1 Extraction of semantic data

The first step for this type of classification would be to extract the semantic data, which
includes colour, texture, edges and corners. We would have to use many transformation,
detection and filtering on the raw images to extract this data. It is to be noted that these
techniques also require energy which should be factored in to calculate the overall energy
benefit for the algorithm. In the next few sections, we explain each attribute of data
extraction.

4.1.1 Colour extraction using Hue Saturation Value (HSV) transforma-
tion

Figure 4.2: Hexcone describing different components of HSV [18]

HSV (hue, saturation, value) are alternative representations of the CMYK (cyan, magenta,
yellow, key) and RGB (Red Green Blue) colour model. These are all different schemes
used to define basic colour combinations that humans can see around in the various media.
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However, unlike RGB and CMYK, which define the primary colour components, HSV is
defined in a way that is similar to how humans perceive colour [19].

There are three main parts of the HSV transformation.

Hue: Hue is described by the dominant wavelength or a dimension of colour we readily
experience when we look at the colour. It is parallel to the full saturation determined by
the ratio in the RGB colour scheme [20]. The colours in the hue model can be expressed
as a number from 0 to 360 degrees, as shown in Figure 4.3. In the graphical model, as
expressed in Figure 4.2, Hue is shown by the direction of the vector in x-y plane, or the
degree from X-axis.

Figure 4.3: Colours with the corresponding degree value in hue component of HSV [19]

Saturation: Saturation defines the ‘intensity’ or ‘chroma’. It refers to the dominance
of the given Hue (colour) [20]. Another method to interpret this is the amount of grey
in the colour. Saturation is often expressed in a range from just 0-1 or in 0-255. In the
graphical model, as shown in Figure 4.2, the saturation is described by the length of x-axis.
Figure 4.4 shows the top-down view of the model; in this case, we view the saturation level
as 100% with hue angle towards yellow colour.

Figure 4.4: Top down view of the HSV graphic model [20]
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Value: This value represents the intensity or the dimension of brightness or darkness.
It is often represented in the range of value from 0 to 1, where 0 is completely black, and 1
is the brightest and reveals the most colour. Figure 4.5, shows the effect of the value. As we
move upwards along the z-axis, the colours become brighter, and as we move downwards,
the colour becomes darker.

Figure 4.5: Show Variation of colour with change in ‘value’ [20]

The process begins by defining a filter with an acceptable range. This range is defined
by an upper and lower bound of Hue, Saturation and Value. This filter now is used to
mask all the pixels which not belong to this specific range. For our implementation, we
are varying colours or Hue. Thus a typical mask in our implementation can be ((30,0,0),
(90,255,255)). This mask accepts all the tuples with Hue between 30 and 90, and Satura-
tion and Value between 0 and 255.

Thus by introducing this mask, we ignore all the pixels which belong beyond to the
defined range. Suppose we create six non-overlapping filters, in this case, we can on average
get 16.6% of the original pixels. This thus reduces the input size and help us create much
smaller models.

4.1.2 Texture extraction using Gabor filtering

Gabor filters are orientation-sensitive filters, used for texture analysis. The response of
these filters is created by multiplying a Gaussian envelope function with a complex oscil-
lation. Put simply; they are mathematical structures which take care of different shapes,
sizes and smoothness levels in the image. If a Gabor filter is oriented in a given direction,
it will produce a strong response if the target image also corresponds to the same direction
[71].
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Figure 4.6: Process to apply Gabor filters to a given image [21]

In Figure 4.6, we take the input image of a simple circle and pass it through 16 different
filters. Now, this bank of 16 Gabor filters at an orientation of 11.250 (i.e. if the first filter is
at 00, then the second will be at 11.250, the third will be at 22.50, and so on [21]). Thus in
the output resulting images, we can observe only the parts oriented with the corresponding
filters are enhanced.

For our application, we have applied compared eight different Gabor filters with dif-
ferent thetas. We have kept the values of lambda (wavelength governs the width of the
strips of Gabor function), Gamma (the height of the Gabor function), sigma (controls the
overall size) as constants.

Firstly, since the input for Gabor filtering is grey-scale, we reduce the information to
33% as we need one channel to represent the image. Further Gabor filtering also perform
the non-linear reduction in the size of the image. However, we can expect a 50% reduction
in pixels as the pixels which are aligned perpendicular to the filter should be eradicated.

4.1.3 Edges detection using Sobel detectors and Laplacian filters

We can define an edge in an image as a collection of pixels whose grey value is a step
up or a roof change when compared to pixel values surrounding it. It can also refer to
the brightness of the local area when compared to the rest of the area. Edge detection is
mainly the measurement, detection and location of the changes in image grey. Image edge is
the essential features of the image and therefore, can prove as useful feature extraction [72].
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The basic idea of edge detection relies on the above definition. It sets a threshold of
‘pixel edge strength’. When we compare the pixels in the local area with neighbouring
areas, if the difference is above this threshold, it is considered as an edge.

Using the Sobel edge detector has two main advantages. Firstly, since the introduction
of the average factor, it can smooth out any random noise in the image. Secondly, since it
takes differential of both two rows and column at once, it leads to enhancement of edge on
both sides while filtering giving a thicker and brighter edge as output [72]. An example of
Sobel detection is shown in Figure 4.7.

(a) original image (b) After Sobel detector

Figure 4.7: Show image before and after Sobel detector

We are using Sobel in 3 possible combinations which are single order derivation for the
x-axis, y-axis and both x and y axis. We have kept the kernel size (the window size) as
constant for all filters.

Further, we have also used Laplacian filters. The main advantage Laplacian has over
the Sobel detector is that it does not provide information about edge direction as it uses
isotropic operator (equal weights in all directions). Therefore we don’t miss any pixel in-
formation which is not oriented in a precise manner. Further, it is computationally cheaper
to implement than the Sobel as it requires only one mask [73]. An example of Laplacian
filters is shown in Figure 4.8.

(a) original image (b) After Laplacian filter

Figure 4.8: Show image before and after Laplacian filter

Similar to the Gabor filtering, by grey-scale transformation, we reduce the information
to 33% as we need one channel to represent the image. It would be hard to quantify the
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reduced pixel information, as edges are dependent on the intensity and orientation of the
input image pixels. However, if we observe the results from Figure 4.8 and Figure 4.7, we
can conclude that only a few percentages of pixels retain their value. Thus we can reduce
the dimensionality of the input data.

4.1.4 Corners extraction using Harris Corner Detection

A corner is defined as a collection of pixels (which represent a local area) which has a
significant change in intensity when compared to other pixels in all directions. Most al-
gorithms define a window size and compare the change of intensity of each pixel with the
rest of the pixels in the window to detect if corners fit their definition.

Harris Corner Detector was introduced in ‘A Combined Corner and Edge Detector’
in 1988 [74] by Chris Harris and Mike Stephens. It finds the difference in intensity for a
displacement of (u,v) in all directions. This can be expressed by the following equation.

E(u, v) =
∑
x,y

w(x, y) [I(x+ u, y + v)︸ ︷︷ ︸
Shifted Intensity

− I(x, y)︸ ︷︷ ︸
Intensity

]2

where,
I(): Intensity measurement function
w(): window function which gives weights to pixels underneath

We can detect a corner if we can maximise the E() function, i.e. maximise the intensity
of point (u,v) with respect to all points represented by x, y. An example of this technique
detection can be seen in Figure 4.9. In this Figure, we have shown the corners information
overlapping the initial image to get better visualisation. After the extraction, we would
only send the corner information which would be far less pixel information as compared to
the original image – thus providing lower-dimensional data to represent the image.

Figure 4.9: An example after applying Harris Corner to a given image

4.1.5 Systematic dimension reduction

Until now, we have discussed only semantic techniques to extract information from the in-
put. However, there are also popular techniques, as discussed in Section 2.6.1, to perform
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dimensional reduction on given input data directly. Given our labelled datasets we would
be using LDA over PCA as we want to compress the data such that we also group the
classes. We have explained the difference between the two in Section 2.6.1.

The first step would be feature scaling. We have used Standard Scalar to scale all the
features. It is performed by removing the mean and scaling to unit variance from each
feature. It is represented by the following formulae.

x̂i =
xi − µ
σ

where,
xi: The input feature
µ: The feature mean
σ: The feature variance

Next, we perform Linear Discriminant Analysis (LDA) as described in Section 2.6.1.
In our case, we would need to choose the output dimension. Having more dimensions
would increase input size; thus, the Neural Network should perform better due to access to
more information. Note we are limited to n− 1 output dimensions where n is total output
classes. This is primarily because we need only n − 1 dimensional space to maximise the
separation between classes. For example„ if we have a 2-dimensional plane with 3 groups of
data. Then we only need one line that passes through the mean of the classes to represent
that data. This phenomenon is explained in Figure 4.10.

Figure 4.10: Performing LDA on 2 dimensional plane [22]

After performing LDA, we provide this compressed (lower-dimensional) data to classify
in a Neural Network. However, unlike the semantic approaches, we do not need to use CNN
as the data is no longer in the image format but is represented by the new dimensions.
Using a simpler DNN with few features can result in a reduction in energy consumption
as compared to using CNN [36].

We also observe a significant reduction in the input size of the data by using LDA. As
an example, in Cifar10 dataset, the input dimension would be 32*32*3 (3072), while after
performing LDA, it would only be 9 at maximum.

4.2 Proposed Algorithm

The next step would be to arrange these low-cost (in terms of energy consumption) classi-
fiers obtained by training lower-dimensional data, to maximise the energy savings without
affecting the accuracy.
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4.2.1 Initial Design

After the extraction of semantic data, we can reduce the input complexity for the simple
model in Scalable effort classifiers from Section 2.5.3. This allows us to train cheap (in
terms of energy consumption) Initial model to filter out ‘easy examples’. Therefore by
replacing the original simple model, we get the following design, as shown in Figure 4.11.

Figure 4.11: Initial Design of the algorithm

In Figure 4.11, first, the required features are extracted from the input image (test
image). This step converts the input space from (32*32*3) to a lower-dimensional space.
Then this lower-dimensional input data is given to the Initial Model (simple model) for
classification. We compare the confidence interval of the result of this Initial model with
our confidence threshold (∆). If we confidence interval of the output is greater than the
threshold, we accept the classification and assign the Label. Otherwise, the image is passed
to the Final model. This is typically a high accuracy and high energy consumption state-
of-the-art model. Therefore after the classification from this model, we accept the result
as the final Label.

Choosing the right value of ∆ is critical to managing accuracy vs energy consumption.
If we choose a very high value of ∆ then more and more test images would be passed
to the Final model yielding better accuracy with a high amount of energy consumption.
While, if we choose a too low value of ∆, few images would be processed by the Final
model giving high energy savings with the accuracy as cost. In our experiments, we found
a value between 0.6 and 0.8 to give a good accuracy vs energy consumption balance.

Esaving = Efinal − (Einitial + (1− f)Efinal)

subject to,
Einitial + (1− f)Efinal < EFinal

Einitial: Energy consumption by Initial model
Efinal: Energy consumption by Final model
Esaving: Net energy savings
f : Fraction of inputs that are filtered out

The above equations describe the condition and the total energy savings when applying
this algorithm.

Multiple Initial Models

We can have more than one Initial model to filter out the images further before they reach
the Final Model. This can be acceptable as long as the images filter out are large enough
so that they can save net energy. The following equations can express this.

51



Esaving = Efinal − Einitial1 − (1− f1)Einitial2 − (1− f1)(1− f2)Einitial3

...− ((1− f1)(1− f2)..(1− fn))Efinal

(4.1)

subject to,

Einitial1 + (1− f1)Einitial2 ...+ ((1− f1)(1− f2)..(1− fn))Efinal < EFinal

Einitiali: Energy consumption by ith initial model
Efinal: Energy consumption by Final model
Esaving: Net energy savings
fi: Fraction of inputs that are filtered out by ith model

Ideally, we can add Initial models until either we surpass the Energy consumption by
the Final model or reach energy-saving goals set by the user. Figure 4.12 shows the visu-
alisation of such an algorithm.

Figure 4.12: Initial Design of the algorithm with multiple Initial models

The above design is similar to before, but in this case, we observe that if the confidence
bound is less than the confidence threshold (∆), we move to the next Initial model. This
is done until we run out of all the models as defined by the constants in the equation. In
this case, the test image is passed to the Final model for labelling.

4.2.2 Choosing feature(s) for Initial design

It is evident that the performance of the Initial model will largely depend upon the choice
of features extracted and the corresponding Initial model trained to classify using it. There
are two main parameters while choosing an Initial model; energy consumption and accu-
racy.

To quantify the net effect of energy usage, we need to consider the energy consumption
during the feature extraction and model evaluation. Some features such as corners take
a lot of energy to extract the dimensions but result in a small Initial model due to small
input space (as shown in Section 4.3). While others like colour extraction are cheaper with
feature extraction but have a relatively large Initial model. Therefore to compare models,
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we take the total sum of the energy used during feature extraction and model evaluation.

The accuracy of the model can be simply measured as the percentage of correct outputs.
Therefore to account for both the factors we take the approximation that the fraction of
inputs filtered out can be the same as the accuracy of the Neural Network. Hence we get
the optimal feature with maximum energy saving described by the following equation.

Esaving = acc ∗ Efinal − Einital

Einitial: Energy consumption by Initial model
Efinal: Energy consumption by Final model
Esaving: Energy savings by the Initial model
acc: Accuracy of the Initial model

4.2.3 Confidence interval disparity

We observe a significant disparity in the average confidence level per class in the output
of the Initial model. An example of this could be when training in Cifar10 dataset with
a colour filter, we observed an average confidence level 17% for the cat class while at the
same time we saw an average of 60% confidence when classifying ships.

This result is observed because during the colour filtering in the above case, we elimi-
nate some colours from the picture that do not meet the filter criteria. This specific case
can be explained as in the dataset we find many different shades of cats in diverse back-
grounds whereas ships are usually of a similar colour in the ocean. Therefore, we can divide
the classes into 2 categories; one with high average confidence interval and others with low
average confidence interval.

Thus, we can argue that specific filters are better for classifying specific classes (with
higher confidence interval) or group of classes. While at the same time feature classification
could give wrong results with images sharing a similar attribute. This can be observed
with the case of ship and aeroplanes both having blue backgrounds. If we extract the blue
colour from the images, it would be trivial to understand how the Neural Network can
misclassify the objects with high confidence.

Therefore we can conclude that the feature extraction model (Initial model) can act as
an excellent pre-filter to classify into groups of classes (which share the same attributes)
before a separate model does the final classification of them. This form the basis for our
optimised design.

4.2.4 Optimised Design

Using the insight from the previous section, we re-design our algorithm to change the role
of Initial model. We now use Initial model primarily to identify if the image belongs to a
group of classes. The conditions should be that it is classified to a class with a high average
confidence interval for the Neural Network and the confidence interval for the specific image
should be higher than the set threshold.
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Figure 4.13: Optimised Design of the algorithm with multiple Initial models

As shown in Figure 4.13, if the image is classified to this specific group, it is classified
into the exact class by the Class model. Class model is only required when a group has
more than 1 class. It is to be noted that the class model would be far less complex as
compared to Final model because it only needs to classify between a small set of classes.

If the image doesn’t meet the criteria, it is passed on to the next feature extraction and
Initial model. This is repeated until we reach the Final model for classification. The num-
ber of feature extraction layers would be decided by the energy-saving goals as described
by the equations in Section 4.2.1.

Unlike the Initial design, we would choose features not only based on the accuracy
of classification but the number of classes which have high average confidence interval as
well. This is because our aim is not to classify directly with Initial model but to classify it
as a group of possible classes. A feature with many classes with high average confidence
interval indicates that this feature is shared between a lot of classes. Thus by choosing
such a feature, we can extract away a broad set of input image away from the rest of the
models. Note that we have assumed that the confidence interval is chosen large enough
that it doesn’t allow the majority of the classes to form a group, as this might defeat the
purpose of the Initial model.

Finally, it could be argued that this novel approach is better than the traditional
cascading models like conditional deep learning classifier [13], Cascading Neural Network
[37], the Distributed Deep Neural Network [55] as it uses the semantic data to have low
energy classification as compared to training a model for full input space. While the tree
approaches such as [58] and [59] often try to classify the input into groups by using simple
classifiers. There are a few limitations with this design as the final accuracy depends a lot
on the first few classifiers which might often misclassify due to their simplicity, moreover, in
case of low confidence the image is directly passed to the Final model incurring substantial,
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energy penalty. While in our design, we adopt a positive activation pattern at the initial
level, which only classifies the model in branch if it has high confidence. If the model fails
to meet the criteria, it is passed to the next feature rather than using Final model directly.

4.3 Results and Evaluation

In this section, we discuss and evaluate the results of extracting different semantic data
from the input, as shown in Section 4.1. We also evaluate the performance of our algorithm
and observe the effect of the optimisation.

4.3.1 Initial model with semantic data

We extracted many different types of semantic data; colour, texture, edges, corners and
even performed systematic dimension reduction to reduce the size of input space. We
would compare the effect of this extraction with multiple parameters. This would help us
choose the appropriate semantics corresponding to the specific dataset for the algorithm
discussed in Section 4.2.

Colour

Figure 4.14: Accuracy of Initial model with colour extraction of different ranges

In Figure 4.14, we observe a significant variance in the accuracy of different colour ranges.
This can be associated with the choice of classes and dataset. The highest accuracy
achieved is 48.5% for 0-60 range, and the lowest is 27.1% for range 120-180. Note, we
have used overlapping ranges for colours. This is acceptable as our goal is to limit the
colours as the output for the image with respect to the image. As long as we can provide
limited colours within a range, we are expected to save energy. This is evident in Figure
4.15, where we observe average energy consumption from 110 to 144 Joules. This includes
the 9 Joules average of energy required for semantic extraction. This is still lesser than
both the Initial model and Final model in established approaches discussed in Section 3.2.

55



Figure 4.15: Energy Consumption of Initial model with colour extraction of different ranges

Texture

Figure 4.16: Accuracy of Initial model with texture extraction of at multiple angles

Figure 4.17: Energy Consumption of Initial model with texture extraction of at multiple
angles
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Figure 4.16 shows the accuracy of a simple (Initial) model trained on different textures
extracted from the input image. We observe a significant difference, with 13% to 51% in
the accuracy of the network. This is caused due to the set of input data and the labels
attached to them. Figure 4.17 shows the energy consumption for the extraction of textures.
Including the 18 Joules of energy spent in extraction, we observe total energy consumption
from 120.8 Joules when the kernel is aligned at 157◦ to 153 Joules when the kernel is
aligned at 0◦.

Edges

Figure 4.18: Accuracy of Initial model with different types of edge extraction

Figure 4.19: Energy Consumption of Initial model with different types of edge extraction

We have adopted a few techniques for edge extraction from the images. These include
extracted only vertical direction (denoted by x), vertical and horizontal direction (denoted
by xy), adding vertical and horizontal weights (denoted by mix) and using Laplacian
(denoted by laplacian). In Figure 4.18, we observe accuracy from the range of 23% for xy
to 42% for laplacian. Figure 4.19 shows the total energy in each type of extraction. This
includes both the model energy consumption and feature extraction energy consumption.
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In this case, we observe the variance in even the feature extraction energy consumption as
different techniques are adopted to extract edges.

Corners

Figure 4.20: Accuracy of Initial model with different free variable values in Corner Harris
extraction

Figure 4.21: Energy Consumption of Initial model with different free variable values in
Corner Harris extraction

We use the Corner Harris for corner extraction. The window size is fixed at (3*3); this is
chosen with respect to the image quality and size [45]. Thus we vary the value of equation
with free parameter. We observe a range of accuracy from 32% to 46 % for different
values of the parameter, as shown in Figure 4.20. Further, energy consumption also varies
significantly with the choice of the free variable. Figure 4.21 shows the total energy varies
from 142 Joules for 0.08 value of the parameter to 202 Joules for 0.16 value.

LDA

For Systematic dimension reduction, we use LDA or Linear discriminant analysis, explained
in detail in Section 2.6.1. Figure 4.22 shows the accuracy achieved with different output
dimensions. It can be surprising to observe that the accuracy doesn’t improve much with
increasing the output dimension as it should intuitively. The reason behind this can the
that using more dimensions doesn’t provide more information (any significant amount of
information) for this dataset; thus, we observe no improvement in the accuracy.
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Figure 4.23 describes the energy used both during converting images to lower dimension
and energy consumption used by the neural network model (Initial model). The net energy
usage by this technique is significantly less as compared to other semantics techniques and
n both the Initial model and Final model in established approaches discussed in Section
2.5. We observe a small variance in energy usage from 35 Joules to 44 Joules for different
dimensions. The general trend is that energy consumption increases with more dimensions.

Figure 4.22: Accuracy of Initial model with different output dimensions in LDA

Figure 4.23: Energy Consumption of Initial model with different output dimensions in
LDA

To conclude, we observed a wide variety of semantic data. For our data-set, some
semantics such as texture provided high accuracy while others like edges are not very
accurate on average. We also observed a substantial difference in energy consumption, eg.
LDA on average only uses up-to 44 Joules of energy while corners on average are using
175 Joules of energy. We also observed large variances with different parameters in many
semantics, therefore choosing the right parameter along with the appropriate semantics
is required to good achieve energy savings. Consequently, we proposed algorithms to
choose and arrange among these semantic models to achieve comparable accuracy to the
established (in Section 3.2) models while saving energy.
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4.3.2 Proposed Algorithm - Initial Design

We designed this Initial design by replacing the Initial model with a similar model that
uses the semantic data to classify images (for more details, refer to Section 4.2). The main
novelty in this algorithm would be how we choose the semantic models to reduce the overall
energy consumption. In this section, we would compare this algorithm to the established
algorithms discussed in Section 3.2.

Figure 4.24: Comparing Energy Consumption of Initial design with established algorithms

Figure 4.25: Comparing Accuracy of Initial design with established algorithms

Figure 4.24, shows the breakdown of the energy consumption by the initial model and
compares it with Keras model and Scalable effort model [12] (discussed in Section 2.5).
The cost of the Initial design (Total cascading model) is calculated by summation of energy
usage during feature extraction and energy used by the Initial (First) and Final (Second)
models. Overall, we observe an improvement of a 23% improvement over the Microsoft
implementation (Scalable effort classifiers) and a massive 44% decrease in energy consump-
tion when compared to the single model (Keras example model).

However, Figure 4.25 shows that the cascading model has reduced accuracy when com-
pared to both the Single Model and Microsoft design (by 3% and 4.7% respectively). This
is understandable as we have replaced the Initial model with a simpler model that under-
stands the semantics of the data. To counter this effect, we have further developed the
optimised version of this algorithm, which provides higher accuracy.
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4.3.3 Proposed Algorithm - Optimised Design

In this design, we redefined the role of Initial model as a filter to detect if the input belongs
to a set of class. Then the Class Model was responsible or classifying the input to its exact
class. This model reduces our reliance on Initial model, which is often simple in design
and can lead to incorrect classifications.

Figure 4.26: Comparing Energy Consumption of Optimised design with established algo-
rithms

Figure 4.27: Comparing Accuracy of Optimised design with established algorithms

Figure 4.27 compares the accuracy of the Optimised design with the established mod-
els. We observe that the Optimised model performs slightly better by 0.5% and 1.5% with
respect to Scalable effort classifier and Keras model. Thus, the Optimised design was able
to address the limitation of the Initial design.

When we compare the energy consumption in Figure 4.26, we observe that energy
consumption of Optimised design (which is the summation of First, Second and Third
cascaded models) is 13% improvement over the Scalable effort classifiers and substantial
35% improvement over the Keras model. One important observation can be that in both
Initial design and Final design, the energy consumption by the Final model (Second and
Third model respectively) was substantial (80% and 67%) as compared to the low-cost
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Initial models.

If we compare these numbers to the Initial model, we observe that the energy con-
sumption of the Optimised model has increased primarily due to the introduction of a new
model. While, on the other hand, we find the accuracy to be improved as well. Thus this
imposes the classic energy vs accuracy trade-off. If we need to match the accuracy of the
established models, then we need to be satisfied with lesser energy savings. This decision
as to which models to choose would depend on the exact use-case.

To conclude, in this chapter, we extracted semantic data from the input via multiple
techniques. Then we created algorithms to choose and arrange the models which use this
semantic data to classify the input. On the one hand, we observed the energy improve-
ments such as 35% on the Keras model maintaining similar accuracy, while on the other
hand, we also saw significant variance in the results of semantic data output which might
pose a limitation to this technique as choosing a semantic becomes less reliable.

Another observation was the disproportionate consumption of energy by the Final
model as compared to low-cost Initial models. We will address this challenge in the next
chapter where we try and limit the energy consumption by these Final models.
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Chapter 5

Energy constraint Bayesian
Optimisation

Until now, we have discussed techniques to group classes and create the models for partial
classification in the cascading chain. We observed that if we arrange these partial classi-
fication models by the given algorithm in Section 4.2, we can save net energy usage. In
this chapter, we would discuss in detail the methods used to improve the ‘Full model’ or
the ‘Final model’ in the cascading chain used for full classification. This model is designed
as the last resort if the ‘lower-dimensional’ models (also known as Initial models) are un-
able to classify. Therefore we typically expect a high accuracy and energy usage from this
model; however, this model still contributes significantly towards energy consumption as
seen in the last Section 4.3. This chapter will look to maximise the efficiency of the model
given an energy constraint.

In this chapter, we would begin by discussing the initial idea to optimise the model in
Section 5.1, followed by the design and implementation details of the algorithm in Section
5.2. Further, we would detail the additional optimisations in Section 5.3. Finally, we would
discuss and evaluate the results in Section 5.4.

5.1 Initial Idea

All the traditional approaches discussed in Section 2.5.3, used the state-of-the-art estab-
lished model as the final classifiers in cases of the failure by partial classification models.
These classifiers are generally designed by experts with some intuition; however, most of
them did not follow a systematic process while choosing the ‘magic values’ in these mod-
els. Moreover, often, these established models did not account for energy utilisation and
primarily focused on the accuracy or reducing the error rate.

Rather than choosing an established model, we developed an algorithm to systemati-
cally choose the ‘Final model’ hyper-parameters to give the best accuracy, while accounting
for energy usage. We used a popular technique called ‘Bayesian optimisation’ to tune our
hyper-parameters to optimise for accuracy while providing an energy-constraint (explained
in Section 2.7). This technique allowed us to effectively search the input space for all the
possible models and choose the most accurate one within the given constraint. This tech-
nique was proved useful in a similar context in a recent study named HyperPower [75].

However, we realised that these hyper-parameters were still limited. It assumed many
parameters, such as a ‘number of layers’ and ‘kernel size’ (Kernel size in CNN represent
the height and width of the 2D convolutional window). To counter this limitation, we went
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further and developed a dynamic model with little or no assumption about the structure of
the given model before optimisation. This new algorithm resulted in an assumption of fun-
damental parameters such as activation function, number of iterations and type of hidden
layers which can be safely assumed given the kind of data and computational resources.
Thus we performed Bayesian optimisation with the following parameters; the number of
features, kernel size, number of layers, learning rate, weight decay.

Another essential idea was to decouple the acquisition function from external con-
straints, i.e. energy constraint. This allowed us to take real-world run-time energy read-
ings rather than predicting the energy consumption from the parameters of the Neural
Network. This is important because as we discussed in Section 2.5.1, energy consumption
by the Neural Network is largely effected by RAM and data-movement. This restriction
can make prediction made by the structure of Neural Networks inaccurate.

5.2 Algorithm Design

The architecture of this system revolves around the process of Bayesian Optimisation, as
described in Section 2.7. Initially, we get the required data followed by modelling the
posterior probability distribution with the given constraints. This is followed by applying
the acquisition function to get the next point. This point is evaluated on the objective
function to get the required value. The above process is repeated until we get run out of
given iteration budget.

Figure 5.1 represents the detail design of the algorithm. The algorithm has the follow-
ing main steps:

1. It starts by the user defining the bounds of each hyper-parameters, ‘iteration budget’
and the ‘energy-budget’ for the optimiser. These parameters help determine the
kernel space that the optimiser can explore to find the optimal model. Users have
to careful while choosing these limits as choosing conservatively or choosing with
preexisting biases can result in sub-optimal models while choosing too generously
might result in long run time to get efficient model.

2. Next, the optimiser randomly chooses these set of values of these parameters from
the defined limit. These values are used to take a random reading of the model using
the objective function. The goal of this step is to explore the entire input space to
obtain a good start point for optimisation. It helps diversify the exploration space
and improve the speed to find the optimal model, as shown in the experiment [76].

3. After getting these initial reading, we create the posterior distribution of the expected
objective function with the gained information. This distribution is generated using
the regression of Gaussian processes with the assumed kernel and Gaussian function,
as explained in Section 2.7.2.

4. This generated model is passed to the acquisition function, which provides the next
point to explore in the given distribution.

5. This point (representing the new parameters in the input space) is passed to the
Evaluation process as described in Figure 5.1. The evaluation is a three-step
process, where firstly we construct a new Neural Network based on the ‘iteration
parameters’ which defined the point output by the acquisition function. Secondly,
we train this Neural Network with the training data to the number of epochs defined.
Lastly, we measure the accuracy and energy of this model on the test dataset.
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6. Therefore we get the exact value of this new point. This process of creation of
posterior distribution, finding next point and evaluating this point to gain more
information about the model is done in the loop by the optimiser until we the consume
the entire ‘iteration budget’, which defines the number of iteration allowed by the
optimiser as shown in Figure 5.1.

7. Finally, we get the best result from the optimiser as output.

8. These parameters are then used to train the final output model. At this stage, we
can afford to train this output or ‘Final model’ with more epochs to get the accurate
optimised results.

Figure 5.1: An overview of the Algorithm Design

Now, we will discuss the main challenges and decisions with respect to the above design
in more detail.

5.2.1 Choosing Acquisition Function

As we discussed in Section 2.7.3, the acquisition function help to choose the next point to
explore in the posterior distribution. When choosing where to evaluate next, we have two
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opposing goals. One one hand we would like to incentives exploration of neighbourhoods
which have not been explored to get most optimal value from the explored regions, while
on the other hand, incentives exploitation of areas we have high confidence will have an
optimal value. More rigorously, we can think of exploitation as seeking places with high
mean, and exploration as seeking areas with high variance.

The choice of acquisition function is one of the critical determinants of success when
using Bayesian Optimisation. The decision should ideally depend on the nature of hyper-
parameters and optimisation itself. Therefore, often, the default acquisition function is not
the best choice.

Out of the three most popular Acquisition Function discussed in Section 2.7.3, the ex-
pected improvement is proved to be the most popular and best performing [62]. Expected
Improvement (EI) is better-behaved than probability of improvement (PI), but unlike the
method of upper confidence bounds (UCB), it does not require its own tuning parameter.
In recent study ‘Practical Bayesian Optimization of machine learning algorithms’ [62], the
EI has proved to be the optimal in fewer than half as many evaluations vastly outperform-
ing both the PI and UCB.

Despite these results, we have performed our experiments to compare the acquisition
functions in Section 5.4.2. We found that with given our datasets the Expected Improve-
ment (EI) outperforms the other acquisition functions. This is keeping the kappa (κ)
constant, thus keeping the same balance in ‘Exploitation vs Exploration’.

5.2.2 Defining Objective Function

Next, we will define the objective function or the ‘black box function’ to evaluate the exact
value depending on the given parameters. In our case, this black box would be a Neural
Network which would need to be optimised given the constraints. Thus for every given
configuration, we would have to train a Neural Network on the training data and then
evaluate it to get the accuracy on the test data set. Mathematically we can express our
function in the following as:

ObjectiveFunction ≡ accuracy(f,D)

subject to,
E(f(D)) < e

l < h < u ∀h ∈ H

where,
f ≡ Network(D′, H)

f : Trained Neural Network
D: is Test DataSet
D′: is Training DataSet
H: is User Defined hyper-parameters
l: is lower-limit of hyper-parameter
u: is upper-limit of hyper-parameter
e: is max energy budget
E : Energy measurement function

The parameters are the hyper-parameters explored by the Bayesian algorithm. They
are conv1_features, conv1_kernel, conv2_features, conv2_kernel, conv3_features,
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conv3_kernel, full1_features, decay_rate, lr. We are currently assuming 3 convectional
layers, 1 dynamic fully connected layer and an output layer with the fixed size of the
number of output classes. We would vary a number of layers in the further sections.
Further explanation of each parameter is explained in the table below:

Hyper-Parameters Explanation

conv1_features Dimensionality of output space of convolution layer 1

conv1_kernel Height & Width of 2D convolution window of layer 1

conv2_features Dimensionality of output space of convolution layer 2

conv2_kernel Height & Width of 2D convolution window of layer 2

conv3_features Dimensionality of output space of convolution layer 3

conv3_kernel Height & Width of 2D convolution window of layer 3

full1_features Dimensionality of output space of fully connected layer

decay_rate Float represent the Learning rate decay over each update.

lr Float used in the optimiser to represent Learning rate.

Table 5.1: Table explaining the hyper-parameters used in the Neural Network

The lower-limit and upper-limit are conservatively defined by the user to set the ex-
ploration range. Further energy-level is also provided by the user to limit the number of
possible solutions and find the best architecture in the given energy level. Other constant
parameters which do not change between experiments include batch_size (usually set to
64), and epochs (typically set to 30) are set based on convenience and similar type of input
data models [?].

Once we have the trained network based on the above parameters, we use this net-
work to evaluate the accuracy of the network (correct classifications). We also take the
energy readings during this evaluation phase rather than measuring the training energy.
The rationale behind this decision is that the training is potentially done once per net-
work; therefore, we can afford to spend a large amount of energy. However, the evaluation
and usage of the network is performed potentially many times and therefore needs to be
optimised to get real-world impact.

Finally, all the above information (including the energy measurement) is abstracted
away in the objective function, and only the accuracy is returned as the final output for
optimisation. As we discussed before, in Section 5.1, this allows us to take real-world
run-time energy readings independent of the external optimisation to get more accurate
results.

5.2.3 Adding Energy Constraint

After developing the basic system to optimise the hyper-parameters, we need to add the
energy constraint to restrict from choosing from the energy-intensive model. This is ap-
plied as a hard stop when the model exceeds the ‘energy-budget’. To abstract away the
energy consumption from the acquisition function, we have in-turn incorporated the energy
restriction in the objective function itself. This can be expressed in the equations below:
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ObjectiveFunction =

{
accuracy(f,D), if E(f(D′)) ≤ e
0, E(f(D′)) > e

f : Trained Neural Network
D: is Test DataSet
D′: is Training DataSet
e: is max energy budget
E : Energy measurement function

If we assume a group of models, then the objective function would return the true
accuracy based on the test set until the energy-constraint is reached. However, if any
model breaks the constraint, the objective function would return the minimum value of
accuracy (which is 0 in this case). The basic idea being that we want the Bayesian model
to explore the possible models within the constraint and not encourage any exploration
beyond the ’energy-budget‘. This can be better understood by the following graph.

Figure 5.2: The graphical model illustrating the energy constraint with respective to the
objective function

In Figure 5.2, the ‘budget-constraint’ is set to 440 Joules. We can observe a general
trend as the model consume more energy it can afford to be more complex and thus offer
better accuracy. However, as we reach the budget, the accuracy drops to 0.

5.2.4 Converting to discrete parameters

Bayesian optimisation with Gaussian processes has an underlined assumption that the ob-
jective function is a continuous function. However, were bound to be in a situation where
some of your function’s parameters may only take on discrete values. In our cases, we have
many parameters (such as ‘conv1_features’), which only take discrete values.

Unfortunately, due to assumptions of the Bayesian Optimisation as discussed in Section
2.7, there is no easy/intuitive way of dealing with discrete parameters. Therefore we use

68



one of the most common techniques [77], which is to round the suggested variable value to
the closest integer before evaluating the objective.

1 conv1_features = 2∗ i n t ( round ( conv1_features ) )
2 conv1_kernel = in t ( round ( conv1_kernel ) )
3 conv2_features = 2∗ i n t ( round ( conv2_features ) )
4 conv2_kernel = in t ( round ( conv2_kernel ) )
5 conv3_features = 2∗ i n t ( round ( conv3_features ) )
6 conv3_kernel = in t ( round ( conv3_kernel ) )
7 conv4_features = 2∗ i n t ( round ( conv4_features ) )
8 f u l l 1_ f e a t u r e s = 2∗ i n t ( round ( ip1_output ) )

Listing 5.1: Code snippet converting continuous to discrete parameters

In Listing 5.1, the package implementation of the system is described. We first round
the continuous parameter to the nearest integer value and cast it to the integer. Note that
we have multiplied the convolutions features parameters by 2 to increase the sensitivity
towards the changes in the parameter, which result in quicker exploration of the entire
input space. This will give the results with lower resolution and does not changes the
fundamental effects.

5.2.5 Dynamic Model Creation

Now, we have all the required components for our system. We have defined our Gaussian
model, Acquisition Function and objective function with energy constraint. This already
provides some initial results, as explained in Section 5.4.1. However, until now, we have
kept the number of layers fixed. We know from the historical results [78] that deeper
networks (with more layer) perform better on average than shallow networks (with less
number of layers).

Keeping the number of layers constant only allows varying the number of features per
for to choose a more complex model. This constraint can result in shallow models. We
cannot merely increase the number of layers in our base model as it might quickly exceed
the required energy consumption constraint.

The solution we came up was to have the number of layers as another hyper-parameter
(‘num_layers’) of the model. This hyper-parameter allows the optimisation algorithm to
choose vary number of layers and thus choose shallow or deep models based on energy
consumption. The necessary code for the construction of the model based on the new
parameter is shown in Listing 5.2.

1 f ( num_layers >= 2) :
2 model . add (Conv2D( conv2_features , ( conv2_kernel , conv2_kernel ) ) )
3 model . add ( Act ivat ion ( ’ r e l u ’ ) )
4 model . add (MaxPooling2D ( poo l_s ize =(2 , 2) ) )
5 model . add (Dropout ( 0 . 2 5 ) )
6

7 i f ( num_layers >= 3) :
8 model . add (Conv2D( conv3_features , ( conv3_kernel , conv3_kernel ) , padding=’

same ’ ) )
9 model . add ( Act ivat ion ( ’ r e l u ’ ) )

10

11 i f ( num_layers >= 4) :
12 model . add (Conv2D( conv4_features , ( conv4_kernel , conv4_kernel ) ) )
13 model . add ( Act ivat ion ( ’ r e l u ’ ) )
14 model . add (MaxPooling2D ( poo l_s ize =(2 , 2) ) )
15 model . add (Dropout ( 0 . 2 5 ) )
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17 i f ( num_layers >= 5) :
18 model . add (Conv2D( conv5_features , ( conv5_kernel , conv5_kernel ) , padding=’

same ’ ) )
19 model . add ( Act ivat ion ( ’ r e l u ’ ) )
20 model . add (Conv2D( conv6_features , (3 , 3) , padding=’ same ’ ) )
21 model . add ( Act ivat ion ( ’ r e l u ’ ) )
22 model . add (MaxPooling2D ( poo l_s ize =(2 , 2) ) )
23 model . add (Dropout ( 0 . 2 5 ) )

Listing 5.2: Choosing the model shape depending on the num_layers parameter

As shown in Listing 5.2, if the num_layers is chosen to be 3, we would only add one
convolutional layer. Although we do need to manage the regularisation layers such as
‘MaxPooling’ and maintain dropout between the layers to prevent the model from over-
fitting.

Another side effect of the new system was that certain variables related to higher
convolutional layers (eg ‘conv4_features’ and ‘conv4_features’) would not be used in some
instances such as in the case above. Their effect would only be visible based on the value
of ‘num_layers’ parameter. However, we could argue this effect to be acceptable and
as a property of the objective function, because while defining the objective function we
considered it to be a ‘black-box’ with no constraint on its behaviour.

5.3 Further Optimisation

In this section, we would discuss further improvements upon the system to get better re-
sults. We would focus on the underlying intuition behind these optimisations the increment
results obtained would be discussed in Section 5.4.

5.3.1 Elastic boundary

One of the assumption while using the Bayesian Optimisation is that the objective func-
tion is continuous, which in turn means it should have similar output values with same
input dimensional values. However, we break this condition when we put artificial ‘energy
constraint’.

Figure 5.3: Show objective function and predicted mean with hard boundary
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The effect of this phenomena is illustrated in Figure 5.3. When the optimisation algo-
rithm explores the models beyond the energy limit, the result of the objective function is
given as 0 (because of artificial energy constraint). This results in wrong mean assump-
tion near the Energy limit as shown by the blue line. This region (near the energy limit)
potentially provide the best result as it uses the entire ‘energy budget’ available. Further,
due to the greedy strategy of the acquisition function, this region remains, often leading
to sub-optimal results.

To counter this effect, we applied the technique to incrementally reduce the objective
function value beyond the boundary (as shown in Figure 5.4). This results in a more
continuous function with values decreasing in quadratic fashion when beyond the budget.
This ensures the model receive reduced value beyond the budget but the values close to
the boundary still similar to true values.

If we compare Figures 5.3 and 5.4, the result is evident that we explore the model
with higher accuracy in the elastic boundary case (near 420 Joules) which lead to better
models. It is to be noted that the boundary is chosen as an illustration for this case, if we
increase the ‘energy budget’ itself, we would get better models. With an elastic bound-
ary, we are attempting to use the entire energy budget provided to the algorithm effectively.

Figure 5.4: Show objective function and predicted mean with elastic boundary

We have chosen the quadratic function to reduce the objective function value beyond
the energy budget due to certain advantages. Firstly, it’s a continuous function and de-
creases rapidly as we go over the budget towards minimum objective value. While having
a higher power function might reduce too quickly, defeating the purpose of the elastic
boundary.

One of the drawbacks of using this technique is that in the small number of cases, we
might get optimal models which are slightly beyond the ‘energy limit’. We would consider
it as acceptable as we do not observe significant deviation from the limit and the ‘energy
limit’ is defined as the guideline to optimise energy and limit number of models rather
than having a strict limit.
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5.3.2 Batch Normalisation

Before training the network, we do some prepossessing to the input data (in our case, we
normalise the data to resemble a normal distribution, i.e. zero mean and a unitary vari-
ance). This is primarily done to speed to improve the training speed and to prevent the
early saturation of non-linear activation functions.

The same problem can be applied to hidden layers; because the distribution of the acti-
vations is continuously changing during training, a phenomenon called internal co-variate
shift. This results in a slows down the training process because each layer must learn to
adapt themselves to a new distribution in every training step, thus providing sub-optimal
results. This can be tackled in a similar way as pre-processing by a technique called Batch
Normalisation.

The input and output are shifted in the following way:

x̂i =
xi − µ
σ

yi = γ ∗ x̂i + β

where,

µ =
1

m

m∑
i=1

xi

σ2 =
1

m

m∑
i=1

(xi − µ)2

In the above equations, xi and yi are the input and output of the layer, respectively;
m is the size of the batch, γ and β are variables learned during back-propagation of the
training stage. We observe the improvement in the overall accuracy with the introduction
of batch normalisation in Section 5.4.4.

1 keras . l a y e r s . BatchNormal izat ion ( ax i s=−1, momentum=0.99 , c en t e r=True , s c a l e=
True , b e t a_ i n i t i a l i z e r=’ z e ro s ’ , gamma_ini t ia l i zer=’ ones ’ )

Listing 5.3: Batch normalisation

Keras library provides an easy interface to perform batch normalisation as shown in
Listing 5.3. We have discussed the parameters with the value we are using for our imple-
mentation in Table 5.2.

Parameters Value Used Explanation

axis -1 (cloumns) The axis that should be normalised (calculate mean and s.d.).

momentum 0.99 Momentum for the moving mean and the moving variance.

center True Check if we add offset of beta to normalised tensor.

scale True Check if multiply by gamma.

beta_initialiser Zeros Initial weight of beta.

gamma_initialiser Zeros Initial weight of gamma.

Table 5.2: Table explaining the parameters used in Normalisation
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5.4 Results and Evaluation

In this section, we discuss and evaluate the results of the major experiments mentioned.
We have evaluated the results with a few different datasets to solidify our findings. Fur-
thermore, we would also look at the various optimisations performed and their effects on
the overall results.

5.4.1 Initial idea

In this model, we conducted an experiment with no optimisations. This experiment in-
cluded a fixed number of layers, with default acquisition function and basic objective
function. We would compare this result with the established model discussed in Section
3.2 to observe the full effect of our technique.

Figure 5.5: Comparing accuracy of MNIST Database with different energy budget

Figure 5.6: Comparing energy usage of MNIST Database with different energy budget and
99th percentage accuracy limit
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Figure 5.7: Comparing accuracy of Cifar10 Database with different energy budget

Comparing the results in Figure 5.5, we can observe no significant decrease in the out-
put accuracy for energy budget 80 to 160 Joules. However, we find a drop in the accuracy
of the network as we reduce the budget to 70 Joules. We would, therefore, discard this
model as it doesn’t meet the accuracy standard of the Given Model. Contrarily, choosing
a model such as with 160 Joules would result in too much energy usage with little gain in
the accuracy; therefore we would also ignore this model.

In Figure 5.6, we filter out models which match or exceed the accuracy of the given
model. We observe that if we compare our best model with the energy of 80 Joules with
the energy of the given model (113 Joules), we can observe an energy reduction of 29%
as to get same accuracy (99% and 99.1%). Therefore using these results, we can safely
validate the effectiveness of Bayesian optimisation.

In the case of Cifar10, we observe only a slight increase (0.4%) in the accuracy with
the 300 Joules budget as shown in Figure 5.7, which is close to the 304 Joules consumption
of the given model. Thus we do not gain much at this stage of the algorithm.

5.4.2 Comparing Acquisition Function

In Figure 5.8, we compare the three most popular acquisition functions discussed in Sec-
tion 2.7.3 (Upper Confidence Bound, Expected Improvement, Probability of Improvement)
while finding an optimal solution with Cifar 10 dataset. We also vary the ‘Exploitation vs
Exploration’ parameter in each to check if they get any better performance.

Although, we observe similar end values for all acquisition functions, however still the
Expected Improvement (EI) outperforms the rest as the epochs increase. Moreover, we
also observe that relatively EI with ξ = e−1 even have the quickest learning rate and reach
optimal values faster as compared to other functions.
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Figure 5.8: Comparing Acquisition functions

5.4.3 Affects of Elastic boundary

To measure the effectiveness of the elastic boundary, we can compare the results obtained
by the trained models with rigid and elastic boundaries. Figure 5.9 compares the best
accuracy obtained with three different energy budgets. Using Cifar 10 dataset, we find
a slight improvement in the accuracy in all cases using this optimisation. We observe a
3% improvement with 200 Joules of budget, 1.2% improvement in 300 Joules budget and
about 1.2% improvement in 400 joules budget.

On the contrary, we also observe no significant improvement or decline in the accuracy
of the network when applied in MNIST dataset. This is primarily because of the already
high accuracy rate in with the current models.

Figure 5.9: Comparing accuracy of Cifar 10 Database with elastic boundary affect
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Figure 5.10: Comparing accuracy of MNIST Database with elastic boundary affect

Therefore we can conclude that elastic boundary can provide better models and thus
accuracy improvement if implemented correctly. This is keeping in mind that the energy
budget is not strict and just the guidelines to save energy.

5.4.4 Affects of Batch Normalisation

Batch normalisation normalises the input for each layer to prevent any o-variate shift. We
have implemented Batch Normalisation after each convolutional layer to normalise input
for each layer corresponding to layer after and thus preventing outfitting.

Similar to the elastic boundary test, we have compares the best accuracy obtained with
three different energy budgets. Figure 5.11 shows, using Cifar 10 data-set we observe a
significant improvement in the accuracy in all cases using this optimisation. We observe
about 6% improvement with 200 Joules of budget, 4% improvement in 300 Joules budget
and about 2% improvement in 400 joules budget. We also observe more significant trend
that this technique becomes more effective as the energy constraint become tighter and
smaller.
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Figure 5.11: Comparing accuracy of Cifar 10 Database with Normalisation

Figure 5.12: Comparing accuracy of MNIST Database with Normalisation

Figure 5.12 shows that we do also observe improvement in MNIST dataset; however,
these improvements are much smaller due to the already high accuracy of the base model.
We do observe 0.04%, 0.1% and 0.1% improvement for the energy budget of 80, 100 and
120 respectively.

5.4.5 Dynamic Model results

Finally, we apply the dynamic model and allow the Bayesian algorithm to choose number
of layers along with other parameters. Figure 5.14 shows an improvement of 1%, 1.2% and
1.9% for the budgets of 200, 300 and 400 respectively. While in Figure 5.13, we observe
no tangible benefit as the model is already at 99%.
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Figure 5.13: Comparing accuracy of Cifar 10 Database with Normalisation

However, if we compare the results with the given model, the dynamic models can
provide similar accuracy as the given model with a smaller energy budget. We observe
a 29% reduction in energy consumption in MNIST dataset with a 0.2% increase in the
accuracy. Similarly, we are able to achieve a 2% improvement in the accuracy with a 34%
reduction in energy consumption in Cifar10 dataset.

Figure 5.14: Comparing accuracy of MNIST Database with Normalisation

To conclude, in this chapter, we successfully developed an algorithm to generate a
Neural Network with maximum accuracy given energy and parameter constraints. We
started with a basic design to optimise hyper-parameters in the Neural Networks but
developed it further to support optimisations such as creating dynamic models, elastic
boundary, etc. We were able to reduce the energy consumption in the Final model of
MNIST dataset by 29% and in Cifar10 dataset by 34% with minor gains in the accuracy
of the network. In the next chapter, we discuss some further possible optimisations to the
current design.

78



Chapter 6

Conclusion and Future Work

6.1 Conclusion

In conclusion, as Neural Networks become more capable of solving ever-increasing chal-
lenging problems, they are bound to be more energy-consuming in the future. Therefore
it is essential to develop techniques to conserve energy usage of these networks to balance
their environmental impact and make them usable in battery-powered devices.

We explored different methods that could be employed to create an energy-efficient
Neural Network classifier and found that the cascading model approach to be particularly
useful as it doesn’t compromise on the accuracy of the Neural Network and provides sub-
stantial energy savings without any specialised hardware. We observed that there are two
types of Neural Network in this method – the Initial model which aims to classify input
cheaply and the Final model, which aims to be accurate in its classification.

In this project, we looked to optimise both these type of Neural Networks. We proposed
using semantic data such as Colour, Edges, Texture and Corners from the input images
to help classify these images in an energy-efficient manner. We also looked for systematic
techniques such as PCA and LDA for reducing the dimensions of the input space; therefore
creating much simpler Neural Networks.

Moreover, we also developed a novel algorithm to arrange these semantic and system-
atic data classifiers expertly. While designing this algorithm, we took into consideration
the advantages and the shortcoming of these semantic classifiers. We were able to reduce
the energy consumption by 13% when comparing to the Scalable effort classifiers algorithm
and 35% when compared to the Keras implementation for the Cifar 10 dataset. We were
able to achieve this energy reduction without any loss in the accuracy of the network or
using any specialised hardware.

Finally, we looked to optimise the energy consumption of the Final model. We de-
veloped an algorithm which employed Bayesian optimisation to choose the appropriate
parameter for the highest possible accuracy given external energy constraints. In our
approach, we restricted from making any significant assumption about the network and
allowed the optimisation function to have greater flexibility in a network design such as
choosing the number of layers in the network. Using this technique, we were able to achieve
29% and 34% energy reduction for MNIST and Cifar10 datasets respectively, without any
loss in the accuracy of the network.

From the above project, we can conclude that we have made some considerable im-
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provements in the current design of cascading networks. We are hopeful that after this
contribution, they are even more widely used, and in turn, makes the evaluation of the
Neural Networks more energy-efficient. Now we would discuss some more potential im-
provements to our implementation.

6.2 Future Work

In this section, we would discuss some of the potential improvement in the current work
in this project.

6.2.1 Exploring Non-Visual data semantics

In our project, we have primarily explored semantics for image/video data sets. We can
theoretically apply the same algorithms to non-visual data-sets provided that we can re-
trieve the semantic information for that type of data.

One such example could be audio data. In ‘Features for audio and music classification’
[79], it is shown that they can classify five general audio classes and seven popular music
genres using audio features. The feature sets include low-level signal properties, mel-
frequency spectral coefficients, and two new sets based on perceptual models of hearing.
It is shown that classification is better, on average, if based on features from models of
auditory perception rather than on standard features [79].

6.2.2 Safe Exploration for Gaussian Optimisation

In our implementation of the Bayesian optimisation, we had an eternal energy constraint
that must be met to get a valid model result. We removed this constraint from the ac-
quisition function where it was traditionally used to the objective function to prevent any
simulation of the constraint. However, another solution could be to modify the Gaussian
process prior to account for this constraint. This would be a similar approach that has
been taken Safe Exploration for Optimisation with Gaussian Processes [23].

This technique uses the underline assumption in the Gaussian functions that similar
decisions are associated with similar rewards. Thus it aims to balance exploration (learning
about the function) and exploitation (identifying near-optimal decisions), while addition-
ally ensuring safety throughout the process.

It models the unknown function from a Gaussian process (GP), and uses the predictive
uncertainty to guide exploration of the future models. They establish the notion of "safely
reachable" and uses the confidence bounds to assess the safety of as yet unexplored deci-
sions [23].

Figure 6.1 describes the process more concretely. We can observe the algorithm starts
with a random point in the required region. It then explores several points and tries and
map out the objective function. Once it has some information about the function, it as-
sesses the next points only if it is ‘safely reachable’ on the based on the current model.

This optimisation actively discards the useless points during the training and uses the
model information to explore the regions, which would be optimisation on the current ap-
proach where the decision to explore the next point is solely taken based on the acquisition
function.
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Figure 6.1: (a) The solid curve is the (unknown) function to optimise; the straight dashed
line represents the threshold. In (b,c) The solid line is the estimated GP mean function
after a number of observations shown as crosses [23]

.

There is no standard method to handle discrete input spaces in Bayesian optimisation.
In our implementation, we have used rounding the values to the nearest integer to get the
approximate value of the acquisition function. Although this solution might seem workable
for a practical problem, it causes a discrepancy between what the acquisition function of
the BO recommends as a next evaluation point and therefore, the final point evaluated.

6.2.3 Discrete search input spaces

Figure 6.2: On the left we observe the graph Cartesian product with corresponding multiple
kernels. On right we observe the evaluation of Bayesian optimisation using greedy local
search [24]

Another limitation with the current approach is that it leads to flat values for the objec-
tive function in between the discrete inputs. This flatness is often ignored in the Gaussian
Process Regressor and acquisition function when calculating the next iteration [80].

To counter these drawbacks, Combinatorial Bayesian Optimisation using Graph Rep-
resentations [24] proposes an interesting solution. The basic intuition behind this solution
is that as the size of the discrete spaces increases exponentially with respect to the number
of variables; computation of the kernel becomes continuous. To achieve this, the kernel is
expressed in sub-graphs. This division is done in linear time to make it possible to scale
up for more complex problems.
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Figure 6.2 explains the overview of the process. On the left, we can visualise how
the problem with discrete parameters (using diffused kernel) is expressed as the graph
Cartesian product of smaller sub-graphs. This diffused kernel can be adapted to account
for individual tuning parameters per categorical variable, making it more flexible. While
on the right, we can observe how this diffused kernel goes through the process of Bayesian
optimisation discussed in Section 2.7.
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Appendix A

Using Scripts

As part of the project we developed python scripts perform optimisations. There are three
main folders in the project. ‘Current_Models’ is to train and evaluate the Keras and
scalable effort classifiers neural networks. ‘Semantic_Data’ contains scripts for Chapter 4
of the report and ‘Bayesian_Optimisation’ contains scripts for Chapter 5 of the report.

A.1 Using lower dimensional input data

First, setup and install the dependent python libraries. Tools such has ‘pip’ can be used to
acheive. The main libraries are Keras, Tensorflow, CV2, s-tui, Numpy and Sklearn. Then
you can run the scripts with the source code given in ‘Semantic_Data’ folder.

To run the scripts simply run ‘python script_name argument’ in terminal. The scripts
currently uses the Cifar 10 dataset from Keras. Follow the table A.1 for more information
on available scripts.

A.2 Energy constraint Bayesian Optimisation

For this part, the dependant libraries are Keras, Tensorflow, s-tui, bayes_opt and Numpy.
You will find the source code for this part in ‘Bayesian_Optimisation’ folder.

Similarity, to run the scripts we can you ‘python script_name argument’ in terminal.
The scripts currently uses the Cifar 10 and MNIST datasets from Keras. Follow the table
A.2 for more information on available scripts.
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